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Abstract

Focusing on the rapidly increasing debris population around Earth as well as the scientific and corporate
interest in Asteroids, multiple missions for interaction with non-cooperative bodies have been proposed
over the last years. Applications such as the Electrostatic Tractor (ET) aiming to reduce the debris
populations and missions introducing close proximity or even berthing with bodies in space all require
knowledge about the electrostatic characteristics of the target. In order to infer this information in a
real-time manner, the Remote Sensing for Electrostatic Characterization (RSEC) method can be applied.
By measuring the ambient potential with probes extended from a dedicated spacecraft, an optimization
can be performed as to find a best-fit Multi-Sphere Method (MSM) model. Consisting of a set of spheres
with a point charge in their middle, this model approximates both the charge and potential of the
rotating target. Comparing the in-situ measured potential with the potential obtained from the MSM
model, the accuracy of the MSM model can be found and with it the model can be optimized. This thesis
provides an extension of the RSEC method to three-dimensional space allowing for multi-axis tumbling
motions of the target. Furthermore, simplifications of the model allowing for greater computational
speed and simpler application are discussed. In order to validate the model, a Finite Element Analysis
(FEA) is performed allowing the RSEC method to be tested for a representative missions scenario where
the ET is applied. Based on the results of the FEA simulation, a Surface-MSM (SMSM) is constructed,
allowing for multi-axis rotations of the debris, where this would be too computationally expensive with
a FEA. The accuracy of force prediction within the ET method is assessed for a representative debris
model. Furthermore, insights are offered in the effect of varying model parameters, and the influence
of force mis-prediction on reorbiting time and fuel cost is evaluated.
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1
Introduction

Over the last centuries, the footprint of mankind in space has become more clear. As with any part of
the world where people have been, trash is left behind, spoiling the local environment. Even though
the effects of space pollution are not yet impacting the everyday life of people on Earth, this will be
the case if no action is undertaken. Debris such as defunct satellites and spent rocket bodies, but also
smaller parts like paint drops and bolts, or even space suits are orbiting around Earth6. As these bodies
with velocities of several kilometers per second collide, multiple new pieces of debris are formed. A
large part of these new pieces has enough energy to cause significant damage in its own turn, either
to other pieces of debris, or to functioning satellites. This cascading effect of collisions is known as
the Kessler syndrome, named after the physicist who studied the evolution of the debris population
around Earth7. For some time, not much interest was taken in the problem, but after the catastrophic
collision of the Iridium 33 and Cosmos 2251 satellites, as well as the anti-satellite missile test breaking
up the Fengyun 1-C satellite, it became clear that action is required. An overview of the number of
cataloged objects orbiting around Earth from the first launch in 1957 of Sputnik through the beginning
of the year 2017 can be found in Figure 1.11. The large increment in objects after 2007 is due to the
Fengyun break-up, while the Iridium-Cosmos collision drastically increased the population in 2009.
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Monthly Number of Cataloged Objects in Earth Orbit by Object Type: This chart displays a summary of all objects in Earth orbit officially cataloged by 
the U.S. Space Surveillance Network. “Fragmentation debris” includes satellite breakup debris and anomalous event debris, while “mission-related debris”  

includes all objects dispensed, separated, or released as part of the planned mission.

Figure 1.1: Monthly number of cataloged objects in Earth orbit, as obtained from the Orbital Debris Quarterly News 1.

In order to maintain a sustainable space environment, research has shown that 5-10 (large) pieces of
debris have to be removed per year8,9. Several methods for active debris removal have been identified

1



2 1. Introduction

and discussed in the literature study preceding this thesis10. Methods such as grappling11, throwing
nets12 and harpoons13 are promising and show high Technical Readiness Levels. The drawback of
these mechanisms however, is that an uncooperative piece of debris can destroy the tether, create
secondary debris due to the impacting harpoon and in general introduce extensive attitude and orbit
control issues. Methods that do not require a mechanical link and thus reduce these risks are developed
in the form of the Ion-Beam Shepherd14,15 and most notably the Electrostatic Tractor (ET), as proposed
by Moorer Jr and Schaub 16,17.

Author's personal copy

approach to moving large, tumbling GEO debris to dis-
posal orbits 250–300 km above the geosynchronous zone
as illustrated in Fig. 1. Here the tug employs continuous
electron emission to raise its own potential to a positive
value of 10s of kilo-volts, while the electron emission is
directed at the space debris object to yield a negative poten-
tial. Simultaneously low-thrust inertial thrusters are
employed on the tug to raise the two-vehicle system alti-
tude (Moorer and Schaub, 2011b,a). Thrusters must be
selected whose exhaust plume does not impinge on the
charged neighboring space object. Neutral gas thrusters
could be used, as the Dv requirement to move a debris
object to the disposal orbit is only about 11 m/s. The
resulting attractive inter-vehicle force is referred to as the
electrostatic tractor (ET) and will reach magnitudes of sev-
eral milli-Newtons assuming a separation distance of 15–
25 m. Even large multi-ton debris objects can be moved
or reorbited to a disposal orbit in 2–4 months (Schaub
and Jasper, 2011). The pulling configuration with attractive
electrostatic forces is preferred due to (a) increased forces
for a given potential, (b) passively stable relative orienta-
tion, as well as (c) superior failure modes having the tug
pull away safely if the ET fails (Schaub and Jasper, 2013).

The focus of this paper is the charge transfer process
itself for this ET concept. Established fundamental plasma
physics and charging models are applied to the ET concept
to evaluate ideal potential distributions between the tug
and debris, as well as approximated expected charge trans-
fer efficiencies. To obtain analytical approximations of the
expected ET force, the spacecraft are assumed to be spher-
ical. Jasper and Schaub (2012) discuss why this is a reason-
able assumption, even with large GEO communication
satellite shapes, if the separations are 2–3 craft radii.

Active charge control for space-based actuation is first
discussed by Cover et al. (1966), were the GEO region is

identified as ideal for active charging applications where
kilo-volts of potential can be achieved using as little as
watt-levels of electrical power. Cover discusses using these
forces for electrostatic membrane inflation. King et al.
(2003) discusses active charge control to directly control
relative motion of spacecraft having identified that the nat-
urally occurring space weather related charging observed
on the SCATHA (Mullen et al., 1986) and ATS missions
could lead to significant disturbance forces on nearby space
objects. This has led to extensive research studying charged
relative motion dynamics for cluster and formation flying
(Natarajan and Schaub, 2008; Wang and Schaub, 2011).
Recently, the use of hybrid actuation (employing both elec-
trostatic forces and inertial thrusters) to control the relative
motion while performing inertial orbit corrections is dis-
cussed by Hogan and Schaub (2013). This work identifies
the importance of ET effectiveness bounds in the relative
motion stability analysis. The ET concept is also discussed
by Murdoch et al. (2008) for asteroid deflection applica-
tions. This work illustrates that with large space object
potentials relative to the plasma energies, the Debye length
related shielding of electrical charges is reduced. For the
GEO debris application the average minimal Debye lengths
are on the order of 180–200 m (Denton et al., 2005), mak-
ing Debye shielding concerns minimal for the ET
operation.

The ET concept is also of interest for on-orbit servicing
of satellites to enable novel relative motion control with the
to-be-serviced satellite, including touchless repositioning as
discussed by Hogan and Schaub (2012). The servicing mis-
sions considered may include refueling, part replacement or
repair and forced orbit change. There are a number of envi-
sioned concepts, including using (a) robotic arms for dock-
ing and deployment of de-orbiting devices (Bosse et al.,
2004; Castronuovo, 2011; Xu et al., 2011), or (b) non-
robotic capture with nets, tethers or inflatable devices
(Pearson et al., 2003; Kawamoto et al., 2006).

The prior Coulomb actuation studies do not consider
the electron charge transfer process between two space
objects. The active charge emission is performed on each
space object individually, and is assumed to not impact
the charging of a neighboring object. This paper performs
an analytical study of how well the ET concept will operate
taking into account the diverse spacecraft charging effects
due the plasma space environment, photo-electron current,
secondary electron emission, as well as the charge imparted
by the space tug. The charge transport onto space particles
is studied by the dusty plasma community (Sternovsky
et al., 2001; Žilavý et al., 1998). Plasma analysis tools are
employed to study the ET effectiveness for GEO debris
actuation. Of interest are what ideal tug and debris poten-
tials yield the best ET magnitude given the limited charge
emission energies, the effectiveness of the charge transfer
process for a range of tug potentials, as well as the sensitiv-
ity of the ET performance on tug potential uncertainties.

The article is organized as follows. In Section 2 the main
forces acting on the tug–debris system are discussed. Of

Injected Electrostatic 
Force Field

GEO-Debris
GLiDeR

Electrostatic 
Tractor

Active Electrostatic 
Force Field

Inertial 
Thrusting

Fig. 1. Illustration of the geosynchronous large debris reorbiter
(GLiDeRTM) concept.

H. Schaub, Z. Sternovsky / Advances in Space Research 53 (2014) 110–118 111

Figure 1.2: Graphical representation of the geosynchronous large debris reorbiter (GLiDeR) concept, as obtained from Schaub
and Sternovsky 2.

By means of an electron gun, electrons can be transferred from a dedicated spacecraft onto a piece
of debris. As the debris charges negatively and the spacecraft, which will be called the ’tug’ from here
onwards, charges positively, a Coulomb force is generated between the bodies. This force can then
be used to control the orbit of the debris, such that it can be moved to a less critical regime18. A
graphical representation of ET concept can be found in Figure 1.2. Especially in Geostationary Orbit
(GEO), where the application of the tractor would be, a lot of critical space assets reside, as the majority
of all insured satellites is in this region19. In order to reorbit the debris, the most effective and safe
tug-debris orientation is that where the tug orbits ahead of the debris and ’pulls’ this body towards it.
Such an orientation is especially beneficial when the Coulomb force is over-predicted; in which case the
tug will simply move away from the debris, decreasing only the ET performance in terms of reorbiting
time. When the force is under-predicted however, the debris closes in with the tug and a collision
can be the result. For this reason, knowledge about the electrostatic behavior of the debris must be
obtained in a real-time manner, such that these scenarios can be avoided5.

Different methods exist that can be applied to model the electrostatic behavior of a charged body. A
very fast method is to approximate the bodies as point charges, from which the Coulomb force can
be found in less then a second of computation time. The drawback of this method, is the very low
accuracy, introducing large force estimation errors. A method that can model the charge distribution,
and Coulomb force, very accurately is the Finite Element Analysis (FEA), where the geometries are
split into very fine cells. For each of these cells, the physics governing electrostatic interaction are
evaluated, resulting in a high-fidelity model. High accuracy comes at the price of high computational
costs however. As a FEA to model the electrostatic behavior of the debris can take up to hours, even
without taking into account (varying) plasma conditions, a faster modeling technique is required for
real-time application. As a solution, the Multi-Sphere Method (MSM) has been proposed by Stevenson
and Schaub, which uses a population of spheres with a charge residing in the center to approximate
the debris. By doing so, computation times are drastically reduced with respect to FEA simulations,
while still allowing for (relatively) accurate modeling3. A schematic overview of the accuracy and
computational time of the methods described can be found in Figure 1.3.
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Optimization of Sphere Population for
Electrostatic Multi-Sphere Method

Daan Stevenson and Hanspeter Schaub

Abstract— To develop the robust relative position and orienta-
tion control algorithms for Coulomb charge control of spacecraft,
accurate but computationally efficient electrostatic models are
necessary. The multi-sphere method (MSM) predicts the interac-
tions of a charged spacecraft using multiple conducting spheres.
To improve the accuracy of this model further, a new method
is proposed whereby equal radius spheres are placed uniformly
on the surface of the spacecraft. The radius is chosen such that
the MSM predicts the same self-capacitance for the conducting
geometry as a numerical solution does. While similarities are
identified between the new method and the established boundary
element method, several key distinctions between the models
are established. The accuracy of the new approach is verified
using a simple system with two spheres, whereby its ability to
capture-induced charge effects is highlighted. Then, a cylinder–
sphere system is analyzed using 105 spheres on the cylinder
and 30 spheres on the sphere, providing comparison with a
previous three-sphere volume populated model for the cylinder.
The surface populated model provides much higher accuracy
in forces and torques when the separation distances are within
10 craft radii, but there is a little improvement outside this
range. While the cylinder MSM with three spheres provides force
solutions an order of magnitude quicker than the surface MSM
method, the setup time for the surface populated MSM is two
orders of magnitude faster.

Index Terms— Charge transfer, electrostatic analysis, space
vehicle control.

I. INTRODUCTION

ASUBSTANTIAL research effort is in progress to deter-
mine the feasibility of using active Coulomb charging for

relative motion control of nearby spacecraft. Using electron or
ion emitters, a spacecraft can accurately control its voltage up
to 10 s of kilovolt within milliseconds. If the proximity and
charge on two craft are sufficient to overcome the local plasma
environment, the resultant forces can be used to affect their
relative position [1]– [5]. In the realm of cooperative forma-
tion flying missions, this technology provides a benefit over
thruster control in its power efficiency and lack of expendable
fuel or exhaust plumes. Furthermore, there are some exciting
noncooperative applications for Coulomb charge control, such
as electrostatic tugs used to reorbit debris objects [6]–[8].

The drawback that accompanies the benefits of electrostatic
actuation is a decrease in controllability. Only one dimension
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Fig. 1. Comparison of various electrostatic models.

of control is possible per spacecraft body while the resultant
electrostatic forces and torques are dictated by the craft shapes,
positions, and orientations. Moreover, real-time knowledge of
the exact electrostatic interactions is not possible as there is no
analytic solution to Poisson’s equation for the potential fields
surrounding generic geometries. There are various models that
approximate the electrostatics of 3-D bodies, each presenting
a compromise between accuracy and computational cost, as
shown in Fig. 1. The highlighted model, which attempts to
bridge the gap in accuracy between previous simplified models
and finite element analysis (FEA) approaches while keeping
computational costs low, is the subject of this paper.

The simplest approximation is to treat a spacecraft as a
prescribed point charge. This method is used in numerous
studies that analyze the relative motion dynamics of Coulomb
formations [9]–[15]. While the execution of the point charge
model is as simple as computing Coulomb’s law, it results
in a substantial approximation. In reality, charge transfer
devices operate using closed-loop control on measurements of
the spacecraft electric potential relative to the ambient space
environment. The total electric charge is then a function of
the spacecraft geometry and external potential fields, and is
distributed asymmetrically across conducting surface.

An increase in accuracy can be achieved by modeling a
spacecraft using an effective sphere with a radius that best
represents its electrostatic interaction [16]. When multiple
spacecraft is analyzed together, consideration of the position-
dependent capacitance (PDC) effect improves knowledge of
the voltage to charge relationship throughout the system [17].
One drawback of this approach is that it does not capture the

0093-3813 © 2013 IEEE

Figure 1.3: Schematic overview of accuracy versus computational cost for various (electrostatic) modeling techniques, as ob-
tained from Stevenson and Schaub 3.

Some recent advances in MSM modeling are as follows. Using a MSM model, debris detumbling studies
are possible21,22. The benefit of detumbling includes easier interaction for on-orbit servicing, allowing
for other removal techniques such as grappling, and better force predictions. Furthermore, optimal
sphere placement has been researched, as to increase the accuracy of the MSM simulations3. Each
of these models and techniques however, require knowledge of the debris potential and in general, its
shape or electrostatic characteristics. In order to determine the potential in-situ, the Remote Sensing
for Electrostatic Characterization (RSEC) method has been proposed23.

By measuring the potential in space over a rotation of the debris, information is inferred about the
characteristics of the body. By placing MSM spheres, a model is created which resembles the measured
potential best. This best-fitting MSM model can then be used to determine the state of the debris at any
time during its orbit and application of the ET. A graphical representation of this method is displayed on
the cover. As the RSEC method requires minimal knowledge of the body in question, it can potentially
be used to determine the charge of asteroids as to asses risks during rendezvous with these objects24.
Other applications of the method include studies on dust transfer over the lunar surface, which is
governed by charging processes, and in general inferring information about the charged state of a
body before conducting physical contact25,26.

Measuring electric potentials in space with probes is a well proven technique. The first missions to
measure kilovolt potentials were the ATS-5 and Scatha missions27,28. The latter showed that especially
during eclipse, spacecraft can charge to very large potentials, introducing discharge events when not
designed for29. The current study evaluates debris specifically at GEO, where active charging can
be performed with very low levels of electrical power2. Additionally, at this specific altitude regime,
nominal values of the Debye length are in the range of over 200 meter30. The Debye length is the
region over which ions and electrons in the ambient plasma rearrange itself as to counter external
electric fields. Evaluating debris removal with the ET at GEO allows therefore for electric fields and
forces between bodies within this shielding distance. Ongoing research concerned with application of
the electrostatic tractor in orbit regimes with lower Debye lengths by using pulsed beams is performed
by Hughes and Schaub 31. This research assumes a constant charging process and negligible influence
of the ambient plasma on the electric field around the bodies of interest.

Research Objective
The developed RSEC method, shows a promising solution to determine the electrostatic characteristics
of uncooperative bodies, of which not much information is known. However, the current state of
the method limits the application to planar geometries and rotations about the out-of-plane axis23.
Furthermore, validation of the method with data external to the developed model is still to be performed.
In order to progress this method, the following research objective is therefore established:
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Develop and validate a model that is able to characterize the electrostatic behavior of a
three-dimensional, tumbling, charged object in space, in a real-time and accurate manner.

More specifically, this relates to the following requirements on the model:

1. The model shall have real-time applicability

2. The accuracy of the model shall be better than a simple 2-sphere model

3. The model shall be able to evaluate full spatial geometries and multi-axis rotations

By meeting these requirements, a method is established that can be used to create a fast and reliable
estimate of the charged state of a uncooperative body, as required for successful application of the ET
concept.

Mission Scenario
The application scenario for the RSEC method as envisioned in this study, is the following. Assume there
is a piece of debris orbiting Earth in GEO. After identifying this object as a high-risk and high-priority
target, a dedicated debris removal satellite is appointed the task of re-orbiting this piece of debris to
a graveyard orbit. After closing in with the target, the satellite performs a formation flying maneuver
to map the geometric features of the debris, as well as its Moment of Inertia (MoI) and rotation rates.
In Figure 1.4, this part of the mission is displayed in the Simulated In-situ Debris Measurements block.
Using a form of ranging, such as Light Detection and Ranging (LiDAR), the distance with respect to
the Center of Rotation (CoR) of the debris is determined. The tug satellite then beams a current of
electrons onto the debris, causes the former to charge up positively and the latter negatively. The
resulting coulomb force can then be used to attract the debris, which is known as the ET. By thrusting
away from the debris at the same time, the tug maintains a safe separation distance, while the total
tug-debris system is raised to a higher orbit.

During the application of the ET, potential probes located at the end of booms suspended from the tug
register the ambient potential field over the course of at least a full tumble of the debris. By applying
the RSEC method, a MSM characterization of the debris is obtained, which can be used to infer the
force and torque in the system due to the ET. This is performed by creating a state vector consisting
of parameters describing the MSM model. Using the inferred rotation rate of the debris, a rotating
MSM can be obtained. For each of the rotation states, the charge distribution on tug and debris can be
determined using the inverted capacitance matrix. From the charge distribution, the force and torque
on the two-body system can be determined as well as an expected potential signal. By comparing this
potential signal with potential measurements from the probes, i.e. the cost function, the location of
the spheres on the MSM model can be optimized. This iteration can be found in the Characterization /
Optimizations Model block in Figure 1.4. After finding the best-fit MSM model, potential measurements
and observations of the orientation of the debris can be used to estimate the force and torque at any
instance of time. Based on these parameters, appropriate thrust levels can be selected on the tug as
to ensure a safe and robust application of the ET, according to the control law depicted in the block
Error Analysis / Model Validation. Additionally, the torque estimates could be used to determine the
required modulation of the electron beam such that detumbling of the debris can be performed. As
described before, benefits of detumling are easier interaction for on-board servicing, better control
of the Coulomb force and more stable reorbiting maneuvers, and allowing for other debris removal
interactions. This report does not cover the influence of torque though, as the focus lies predominantly
on the Coulomb force used to attract the debris.

In order to validate the model, the application scenario of the RSEC method is as follows. Data obtained
during rendezvous with the debris, such as MoI, CoR and rotation rates as well as pre-flight calibration
data of the tug, are fed into the RSEC model. In this study, as will be shown later, the torque has
little influence on the debris dynamics and therefore the influence of torque and MoI is neglected.
What in application with a real mission scenario would be the potential measured by the probes, is
now determined with use of a FEA numerical simulation. Based on these measurements, the RSEC
model constructs a best-fit MSM model of the debris. For simple geometries and one axis rotations,
the rotation rate can be resolved. The best-fit MSM model is then used to determine the force and
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torque on the system. This part of the model can be found in the Finite Element Analysis block of
Figure 1.4. Additionally, a Surface Multi-Sphere Method (SMSM) model is constructed based on the
results from the FEA simulations, as to allow for validation with more complex rotations. Comparing
the estimated Coulomb force with the output from the FEA analysis, the error of the RSEC method
can be determined. Using the control law developed by5 and the found mis-prediction, a mass and
re-orbiting time envelope can be constructed. This part of the Error Analysis is used to asses the RSEC
method on its applicability and accuracy.

This report follows roughly the same structure as described in Figure 1.4. Note that the relevant chapter
for each block can also be found in this model flow diagram. The characterization model is described in
Chapter 2, where the equations governing the MSM model are addressed. For some specific cases of
debris and tug geometries and rotations, model simplifications can be performed. These simplifications
and their application are discussed in Chapter 3. As one of the most important parts of the RSEC method
is optimization, Chapter 4 addresses this issue. In this chapter, different strategies and their benefits are
discussed. After discussing the characterization and optimization model, the FEA set-up is elaborated
upon in Chapter 5. This chapter describes different options for generating validation data as well an
intermediate SMSM model that can be used to create multi-axis tumbling simulations. After obtaining
the validation data, a numerical simulation is described in Chapter 6, where the RSEC method is put to
the test. The results are analyzed and the influence of varying model parameters is evaluated. Lastly,
this chapter describes the effect of the model accuracy on reorbiting time and fuel cost. A final chapter
on recommendation and conclusions based on this work can be found in Chapter 7.
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2
Multi-Sphere Method Model Setup

For safe application of the Electrostatic Tractor (ET), it is required that the charge distribution over
the debris is characterized multiple times over a full orbital revolution. Performing a Finite Element
Analysis (FEA) for a full orbit can easily take days, if not more. The beauty of the Remote Sensing for
Electrostatic Characterization (RSEC) method is that it depends on the Multi-Sphere Method (MSM),
which can be used to determine the electrostatic characteristics in a much shorter time3.

This chapter provides an overview of the implementation of the MSM within the RSEC method, for
general three-dimensional (spatial) application. The relevant reference frames, propagation of the
sphere’s orientation over time and equations to determine potential, force and torque, are discussed
in the coming sections. This chapter therefore is an extension to the work performed by23, where only
planar characterization was discussed.

2.1. The Multi-Sphere Method
In stead of dividing the geometrical model of the debris in a number of finite volumes and analyzing
the appropriate equations for each and every of these cells, as performed by a FEA, the approach of
the MSM is as follows. Multiple spheres are distributed over either the volume or surface of the bodies
that need to be characterized. The electrostatic behavior then results from a point charge located in
the center of each of these spheres. The total set of spheres represents the electrostatic characteristics
of the evaluated body. An extended overview of the MSM can be found in Stevenson and Schaub 3,20.

Every sphere is characterized in the Local Vertical Local Horizontal (LVLH), or Hill reference frame ℋ,
with the origin attached to the center of mass of the tug. This reference frame is defined with the
elementary vectors ô፫ in the radial direction, ô᎕ in the along-track direction, and ô፡ completing the
right-handed frame. An illustration can be found in Figure 2.1.

In order to minimize collision probability and optimize the efficiency of the ET, it is assumed the tug
orbits ahead of the debris in the along track direction5. The spheres can then be represented by their
coordinates (𝑥, 𝑦, 𝑧) and radii 𝑅. Here the assumption is made that due to the close proximity of the
bodies, the curvature of the orbit can be neglected and the debris lies in the LVLH plane. Furthermore,
the electric potential of the whole collection of spheres on the debris is characterized by 𝑉deb. An
overview of these parameters can be found in Figure 2.2.

Notice that in the rest of this report the LVLH reference frame is used, unless specified otherwise.

2.2. Tumbling Motion using Modified Rodriguez Parameters
In order to simulate the tumbling motion of the debris, a formalism has to be chosen to represent
the orientation of the MSM spheres at any instance of time. A common problem in representing the

7
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r፭
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ô፡

Figure 2.1: Illustration of the local vertical local horizontal (LVHL) reference frame with respect to the tug inertial orbit.
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Figure 2.2: Illustration of the local vertical local horizontal (LVHL) reference frame with respect to the tug and debris.

orientation of a body within a reference frame, is that multiple sets of angles can be used to describe the
same orientation, or that for some angles singularities are introduced in the transformation equations.
Characterized by the limited amount of singularities over a full tumbling revolution, its application in
estimation theory and well-formulated definition, Modified Rodrigues Parameters (MRPs) are chosen to
represent the orientation of the spheres on the debris. The following section describes how the sphere
locations can be propagated over the rotation period of the debris by using these parameters.

By defining the principle rotation axis as ē and the principle rotation angle as 𝜙, the MRP vector 𝜎 can
be written as32:

𝜎 = tan(𝜙4 )ē; (2.1)

Due to the singularities of the MRP vector at ±360 degrees, a conversion to the so called ”shadow set”
𝜎S has to be made following Algorithm 1.

Algorithm 1 MRP shadow set conversion

1: procedure Shadowset
2: 𝜎 ← 𝜎S
3: if ‖𝜎‖ ≥ 1 then
4: 𝜎S ← − ᎟

᎟T᎟
5: 𝜎 ← 𝜎S
6: end if
7: end procedure

The Direction Cosine Matrix (DCM), represented by the parameter 𝐶, can then be obtained by converting
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the MRP vector with the following equations33:

𝐶 = 1
1 + 𝜎T𝜎 [

4(𝜎ኼኻ − 𝜎ኼኼ − 𝜎ኼኽ ) + Σኼ 8𝜎ኻ𝜎ኼ + 4𝜎ኽΣ 8𝜎ኻ𝜎ኽ − 4𝜎ኼΣ
8𝜎ኼ𝜎ኻ − 4𝜎ኽΣ 4(−𝜎ኼኻ + 𝜎ኼኼ − 𝜎ኼኽ ) + Σኼ 8𝜎ኼ𝜎ኽ + 4𝜎ኻΣ
8𝜎ኽ𝜎ኻ + 4𝜎ኼΣ 8𝜎ኽ𝜎ኼ − 4𝜎ኻΣ 4(−𝜎ኼኻ − 𝜎ኼኼ + 𝜎ኼኽ ) + Σኼ

] (2.2a)

Σ = 1 − 𝜎T𝜎 (2.2b)

By determining the DCM for every rotation angle, the position of the spheres on the debris in the LVLH
reference frame can be determined with Equation 2.3

[𝑥, 𝑦, 𝑧]ፓᎫ = 𝐶(𝜙)[𝑥, 𝑦, 𝑧]ፓኺ (2.3)

where the initial position of each sphere is given by [𝑥, 𝑦, 𝑧]ፓኺ .
In the application scenario of the ET, as described in the introduction, it is assumed that the tug is
actively performing attitude control. Since the inter-body Coulomb force introduces a torque on both
bodies, the tumbling rate of the debris is not constant. This effect can be exploited to detumble the
debris, as discussed by Bennett et al. 21,22. Using a small time step Δ𝑡, the tumbling motion can be
propagated by applying Algorithm 2.

Algorithm 2 MRP propagation

1: procedure Propagation
2: 𝜎 ← 𝜎 + Δ𝜎Δ𝑡
3: while 𝑡 ≤ 𝑡final do
4: 𝐼i ← 𝐶 ∗ 𝐼b ∗ 𝐶ፓ
5: Δ𝜎 ← 0.25𝐵𝜔
6: 𝜎 ← 𝜎 + Δ𝜎Δ𝑡
7: 𝛼 ← inv(𝐼i) ∗ Td
8: 𝜔 ← 𝜔 + 𝛼Δ𝑡
9: end while
10: end procedure

The parameters 𝐼i and 𝐼b in this algorithm represent the debris inertia matrix in the LVLH and body
reference frame respectively. Furthermore, the differential kinematic relation on line 6 depends on the
matrix 𝐵 given by Equation 2.4 to transform the body angular velocity 𝜔 into the derivative of the MRP
vector Δ𝜎 33.

𝐵 = [
1 + 𝜎ኼኻ − 𝜎ኼኼ − 𝜎ኼኽ 2(𝜎ኻ𝜎ኼ − 𝜎ኽ) 2(𝜎ኻ𝜎ኽ + 𝜎ኼ)
2(𝜎ኼ𝜎ኻ + 𝜎ኽ) 1 − 𝜎ኼኻ + 𝜎ኼኼ − 𝜎ኼኽ 2(𝜎ኼ𝜎ኽ − 𝜎ኻ)
2(𝜎ኽ𝜎ኻ − 𝜎ኼ) 2(𝜎ኽ𝜎ኼ + 𝜎ኻ) 1 − 𝜎ኼኻ − 𝜎ኼኼ + 𝜎ኼኽ

] (2.4)

Applying Algorithm 2 for a few full revolutions shows that the tumbling rate can be assumed constant
over the typical measurement period of the RSEC method, as the torque on the debris Td and conse-
quently the body angular acceleration 𝛼 are very small. More elaboration on the effects of force and
torque are described in Section 2.5.

2.3. Charge Distribution during Tumbling Motion
During the tumbling motion of the debris, charge moves around in both tug and debris due to the
presence of the other body. In this study, the bodies are assumed perfectly conducting, such that the
charge is allowed to move uniformly over the whole surface of the respective body. Due to the charge
re-distribution, the potential field around the two bodies changes over time. This ambient potential field
is also influenced by the electric field around the Earth and the plasma properties, but in this study a
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perfect vacuum around the bodies is assumed with no potential field other than that induced by the tug
and debris. A source of potential variation of the bodies is also the varying space weather. However,
as the time scale over which this variation happens in Geostationary Orbit (GEO) is in the order of
hours30, a constant debris potential can be assumed34. In order to determine the structure of the
ambient potential field, the charge distribution represented by the MSM spheres has to be evaluated.

For every sphere 𝑘 in the tug-debris system, the distance with respect to the other spheres can be
represented with the parameter 𝑟. The relation between the potential 𝜙 and charge 𝑎 can then be
found using Equation 2.5, where 𝑘c represents Coulomb’s constant23,34.

⎡
⎢
⎢
⎣

𝑞ኻ
𝑞ኼ
⋮
𝑞፤

⎤
⎥
⎥
⎦
= 1
𝑘c

⎡
⎢
⎢
⎣

1/𝑅ኻ 1/𝑟ኼ,ኻ … 1/𝑟፤,ኻ
1/𝑟ኻ,ኼ 1/𝑅ኼ … 1/𝑟፤,ኼ
⋮ ⋮ ⋱ ⋮

1/𝑟ኻ,፤ 1/𝑟ኼ,፤ … 1/𝑅፤

⎤
⎥
⎥
⎦

ዅኻ
⎡
⎢
⎢
⎣

𝜙ኻ
𝜙ኼ
⋮
𝜙፤

⎤
⎥
⎥
⎦

(2.5)

The center matrix of Equation 2.5 is also known as the inverse capacitance matrix. It can be divided
into four quadrants, as shown in Equation 2.6.

[𝐶ዅኻ] = [𝐶
ዅኻ
t 𝐶ዅኻt,d
𝐶ዅኻd,t 𝐶ዅኻd

] 𝐶ዅኻd,t = 𝐶ዅኻt,d
T

(2.6)

In this form, the entries 𝐶ዅኻt and 𝐶ዅኻd represent the tug and debris self capacitance respectively. The
mutual capacitance is given by 𝐶ዅኻt,d , which is the transpose of 𝐶ዅኻd,t . By rewriting the equations in the
form of quadrants, a block matrix inversion can be applied, as described in Equation 2.735.

[𝐴 𝐵
𝐶 𝐷]

ዅኻ
= [ (𝐴 − 𝐵𝐷ዅኻ𝐶)ዅኻ −𝐴ዅኻ𝐵(𝐷 − 𝐶𝐴ዅኻ𝐵)ዅኻ

−𝐷ዅኻ𝐶(𝐴 − 𝐵𝐷ዅኻ𝐶)ዅኻ (𝐷 − 𝐶𝐴ዅኻ𝐵)ዅኻ
] (2.7)

The benefit of performing a block matrix inversion instead of regular matrix inversion, is that the
quadrants can be individually evaluated. By assuming that the tug characteristics, i.e. the location and
radii of the spheres on the tug, are known from calibration, the tug self capacitance can be determined
a-priori of the RSEC evaluation. Furthermore, as the spheres on the debris all rotate about the Center of
Rotation (CoR), the debris self capacitance stays constant over time as well. Therefore only the mutual
capacitance has to be evaluated with the block inversion at every time step Δ𝑡, reducing computational
cost.

2.4. Potential, Force and Torque Calculations
After evaluating the charge distribution on the debris and tug, the potential at the location of the probes
can be determined. Assuming the influence of the charge located within the probe is negligible, the
potential at the location of the probe can be calculated with Equation 2.8.

Φp = 𝑘c
፤

∑
።዆ኻ

𝑞።
𝑟።,p

(2.8)

As the debris tumbles, the potential at the probe location varies and therefore a potential curve can be
constructed over the full rotation of the debris. Furthermore, the Coulomb force 𝐹 introduced by the
ET between the debris and tug can be calculated. This inter-body force depends on the summation of
the charge product of all spheres 𝑛 on the debris and 𝑚 on the tug, divided by their separation. The
equation for this force, as shown in Equation 2.9, is an adaptation of the equation given by Stevenson
and Schaub with a double summation34 over all spheres.
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Fc = 𝑘c
፦

∑
፣዆ኻ

፧

∑
።዆ኻ

𝑞።𝑞፣
𝑟ኽ።,፣

r።,፣ (2.9)

Similarly, the torque T on both debris and tug can be found by introducing the cross product between
the separation vector of the spheres and the vector from the spheres with respect to the corresponding
CoR.

Td = 𝑘c
፦

∑
፣዆ኻ

፧

∑
።዆ኻ

𝑞።𝑞፣
𝑟ኽ።,፣

r።,፣ × r። (2.10)

2.5. Influence of Force and Torque on Potential Measurements
For a typical mission scenario, a large piece of debris has to be removed. Typical Coulomb force
magnitudes are in the mili-Newton range, and therefore also torque magnitudes are small. Where
over multiple weeks or even months, the torque has a direct influence on the angular momentum of
the debris, over short periods, the influence is negligible. For a simple cylindrical geometry of debris
and spherical tug, where the mass of the tug is 500 kg, and that of the debris 1000𝑘𝑔, Bennett and
Schaub has shown that active detumbling can be performed over a timescale of hundreds of hours22.
Therefore the influence of torque on debris rotation can be neglected in the models evaluated over a
short time period. As the potential signals are obtained for a single, or at most a few, revolutions of
the debris, the resulting potential signal can be considered to repeat itself over these rotations without
deviation.

The effect of the Coulomb force on the inter-body separation distance 𝑟sep will be neglected in the
numerical simulations discussed in this report as well. As the primary incentive for application of the
ET is to accelerate the debris in order to reorbit the body, the tug has to maintain a stable separation
during this period. In order to do so, the tug will apply a thrust in the along track direction in order
to maintain the separation and provide an optimal reorbit maneuver. Therefore it is assumed that the
influence of varying distance between the bodies on the potential measurements is negligible.





3
Decoupled Sphere Model

Optimizing the set of parameters described by the Multi-Sphere Method (MSM) model based on potential
measurements introduces a fundamental problem. The electric potential of a fixed point in space (in
the Local Vertical Local Horizontal (LVLH) reference frame) depends on the radii and potential of, and
distance to, the set of MSM spheres. As these parameters are coupled via the capacitance matrix,
multiple solutions exist that result in roughly the same potential curve. Not all of these solutions
provide the optimal MSM geometry in terms of force prediction though. This chapter evaluates the
influence of the parameters on the probe potential measurements, such that more insight is gained in
possible bottlenecks and advantages of the Remote Sensing for Electrostatic Characterization (RSEC)
method. The first two sections describe the effect of varying the debris potential and radii respectively.
Based on amongst others the conclusions drawn from these two sections, a decoupled sphere model is
introduced in Section 3.3. It is found that for tug geometries that can be represented by a single sphere
on the tug, a (semi)-analytical approach can be taken to find the potential curve without the need for
an sequential computation of the potential for each time step. This methodology is elaborated upon in
Section 3.6 for a spatial debris geometry and rotation, whereas Section 3.5 describes the approach for
planar debris geometries and rotations. In case the tug cannot be approximated by a single sphere,
decoupling of parameters is still possible, as described in Section 3.4. A graphical overview of the
relation between the sections can be found in Figure 3.1.
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Figure 3.1: Flow diagram describing the structure of the chapter.

Based on the simplifications described in this chapter, some conclusions are drawn, which aid in de-
veloping a sense of how the RSEC could be applied and provide an advantage over the conventional,
coupled, methodology.

13
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3.1. Influence of Debris Potential on Probe Measurements
In Chapter 2 the methodology of obtaining probe potential measurements from a MSM model is de-
scribed. For the following analysis, such a model was constructed with a random distribution of 14
spheres representing some arbitrary piece of debris. The debris spheres are contained within a square
box with sides of 10 meter, centered at the Center of Rotation (CoR) (15,0,0). An overview of such a
geometry is given in Figure 3.2.

Figure 3.2: Overview of the model used for analysis, with in brown the tug, yellow the probes and blue the (randomly located)
debris.

The tug is held to a fixed positive kilovolt potential, while the debris negative potential is varied. As
the debris becomes increasingly negatively charged, the potential measured close to the tug (which
initially assumed positive values) decreases. This behavior can be observed in the left-hand side of
Figure 3.3, where the potential Φp registered by four distinct probes in between the tug and debris is
evaluated over time. Note that one full revolution of the debris is observed.

Figure 3.3: Normalization of measurement data obtained for a range of debris potentials, ranging from 0 (blue) to -70 kV (purple)
at four distinct probe locations. The two plots on the right side shows the mean normalized probe signal and the error of each
normalized signal in respect.

From this figure, it can be observed that as the potential of the debris 𝑉d is increased negatively from
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0 to −70𝑘𝑉, the peaks and valleys in the signal become more distinct. The locations of these features
on the x-axis remains constant though, as the geometry of the debris is kept constant over the varying
signals.

These signals can then be normalized to unity by applying Equation 3.1. The resulting normalized
probe potentials Φᖣp are displayed in the middle of Figure 3.3.

Φᖣp =
Φp −Φpmin
Φpmax −Φpmin

(3.1)

By normalizing the potential, it becomes clear that even for such a large debris potential range, the
general shape of the potential signal stays constant. In order to determine how much the signal differs
over the potential range, the mean value of the variation of potential signals is obtained for each probe
at every time step. These curves are displayed in the right-hand side of the figure in blue. For each
of the probes, the maximum deviation (either for 0 or −70 kV) of the signal with respect to this mean
is determined. These curves can be found in red in the same plot. By taking such a close look at the
maximum deviation of a signal when varied by a certain potential, it becomes clear that indeed the
potential magnitude has minor effect on the shape of the normalized potential Φᖣp. The only significant
effect it has is to the absolute measured potential level. Decoupling of the debris potential from the
set of parameters describing the MSM model seems therefore a feasible option.

3.2. Influence of Debris Radius on Probe Measurements

A similar approach as in the previous section is taken to study the influence of debris radius on probe
potential measurements. A simple two-sphere model is created, with the first sphere representing the
tug at a potential of 30 kilovolt, and the second representing the debris which is rotating about a fixed
CoR. An overview of this geometry can be found in Figure 3.4.

Figure 3.4: Two-sphere model with in brown the tug, yellow the probe and blue the debris, rotating about the CoR.

In order to study the behavior of the observed potential signal, the debris radius 𝑅 and distance to the
CoR (𝑟) are varied. In the left-hand side of Figure 3.5, these parameters are each varied between two
values, resulting in three distinct probe signals.
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R=3,r=5
R=1,r=5
R=3,r=8

Figure 3.5: Measured potential for a variation of debris distance to the CoR and radius as well as the normalized version of this
potential signal over a full rotation.

On the right-hand side of this figure, the same signals are given over a full rotation but normalized to
unity scale. From this figure, it becomes clear that at least for a simple model like this, the normalized
signal is independent of sphere radius. Another observation can be made from the normalized data. As
the distance of the debris with respect tot the CoR increases, the Full Width at Half Maximum (FWHM)
of the signal decreases. In order to evaluate this relationship further, the distance 𝑟 is varied between
approximately 0 and 15 meters. The measured potential near the debris and its normalized versions
are given in Figure 3.6.

Figure 3.6: Measured potential for a variation of debris rotation radius as well as the normalized potential signal over a full
rotation.

Next to the decrease in FWHM of the normalized signal, also the limit of the signal can clearly be
recognized. For a distance close to zero, so almost no rotation at all, the signal approximates a pure
cosine function.

3.3. Decoupled Single Sphere Model

The previous two sections have shown indication that normalizing the measured potential of a probe
can reduce the number of parameters that influence a sphere optimization problem. The parameters
describing the influence of a single sphere have been evaluated, so the next step is to evaluate the
influence of spheres on each other. A simple model is constructed, consisting of three spheres making
up the tug and three spheres of unity radius rotating about the CoR making up the debris. A graphical
representation is given in Figure 3.7. Furthermore, the tug is initially at 30 kilovolt potential, while the
debris is at negative 30 kilovolt potential.
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Figure 3.7: Graphical representation of the multi-sphere geometry, with in brown the tug, yellow the probe and blue the debris
which is tumbling about the CoR.

The spheres are now rotated a full revolution around some arbitrary axis through the CoR and the
potential at a probe location is registered and normalized. This signal Φᖣp is given in the lower left of
Figure 3.8. Since there exists evidence that the potential of the spheres does not contribute extensively
to the normalized potential, the tug is now given a 1 volt potential and the debris a negative 1 volt
potential. Furthermore, the model is reduced by two debris spheres, such that a ’single sphere’ system
is created; meaning that only one debris sphere is revolving around the CoR. The resulting probe
potential Φps,ᑚ is displayed in the top left figure as a function of rotation angle. The same analysis is
performed for the two other spheres on the debris, as indicated by the top middle and top right plot.
Now these three ’single sphere’ potentials are added and normalized, as is displayed in the bottom
middle figure. In the bottom right figure, the difference between the normalized potential of three
debris spheres and the normalized potential of the spheres summed is given.

Figure 3.8: Comparison of normalized probe measurements for a combination of 3 spheres and summation of 3 individual
spheres.

The error graph shows that even though the individually evaluated models are very different, the sum-
mation of single sphere measurements is comparable to that of the original multi-sphere model. The
relationship was tested for multiple sphere geometries and seemed to hold. The following hypothesis
can thus be constructed: ’The unity-based normalization of the potential measured by a probe can be
approximated as the unity-based normalization of the summation of potentials measured by the same
probe due to individual spheres on the debris’. In a mathematical form this is described by Equation
3.2.
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Φᖣp ≈ (
፧

∑
።዆ኻ
Φps,ᑚ)

ᖣ

+ 𝜁c (3.2)

In this equation, the number of spheres on the debris is given by n, while the definitions of the measured
potentials Φᖣp and Φps,ᑚ are as described above. Furthermore, the parameter 𝜁c describes the mismatch
in potential due to the coupling between spheres. In a more graphical way, this hypothesis is displayed
in Figure 3.9.

0

1

Figure 3.9: Graphical representation showing that the normalized measured potential can be decoupled in the summation of
single spheres. On the left a single sphere representing the tug with a small probe attached indicating its (normalized) output.
On the right three spheres representing the tumbling debris.

Even though this figure is a two-dimensional one, the content can be extended to three dimensions,
as described by the model in Figure 3.7. Moreover, this relationship is tested for both tug and debris
potentials of unity, indicating that on top of decoupling the spheres from each other, also the potential
can be decoupled.

By analyzing the signals, it was found that Equation 3.2 can be adapted to obtain even less error
between the coupled and decoupled model. The modified versions are given in Equations 3.3, where
3.3a seems to be performing better than 3.3b.

Φᖣp ≈ (
፧

∑
።዆ኻ
𝛼።Φps,ᑚ)

ᖣ

(3.3a)

Φᖣp ≈
፧

∑
።዆ኻ
𝛽።Φᖣps,ᑚ (3.3b)

By scaling each of the single sphere signals with 𝛼።, or the normalized single sphere signals with 𝛽።,
the error can be decreased even further, as is displayed in Figure 3.10 for the same input as before.
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Figure 3.10: Summation of scaled potential curves as well as normalized potential of the three spheres together and the difference
between the two.

The scaling factors applied in this figure have been found by numerically minimizing the norm of the
error function. An explicit relation for these scaling factors has not been found however, as they are
dependent on all other variables. Therefore it can be assumed that the effect of the capacitive coupling
is mainly described by these scaling factors (which translates back to the parameter 𝜁c).

As it is shown that the spheres on the debris can be decoupled, the question rises whether the same
can be done for the spheres on the tug. If the full set of spheres can be reduced to a summation of
single-tug-single-debris spheres, analytical equations can be used, speeding up the calculation of the
model tremendously. Therefore, the following equation is analyzed:

Φᖣp ≈ (
፦

∑
፣዆ኻ

፧

∑
።዆ኻ
Φps,ᑚᑛ)

ᖣ

(3.4)

where Φps,ᑚᑛ is the measured potential due to sphere i on the debris and j on the tug. If the potential
of tug and debris are again set to 1 and −1 V respectively, while assuming sphere radii of 1 m, the
potential curves displayed in Figure 3.12 are obtained for the model represented in Figure 3.11.
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Figure 3.11: Graphical representation of the multi-sphere model given as input for decoupling of both tug and debris spheres.
Tug is given in brown, probe in yellow and debris in blue.

In this model, an arbitrary rotation about the CoR has been chosen, completing a full revolution in
time. The normalized probe potential due to the collection of spheres can be found in the left-hand
side of Figure 3.12, while the normalized summation of all possible single-tug-single-debris potentials
can be found in the middle of the figure.

Figure 3.12: Normalized potential, normalized summation of 2-sphere signals and error between the two over a full rotation of
the debris.

Evaluating the error between the two curves, as indicated in the right-hand side figure, it can be
concluded that even for a few spheres, the error is significant. Therefore this approximation should
not be performed when optimizing for sphere locations as the expected sphere locations will be off
significantly as well.

3.4. Single Tug Approximation
The previous section described the decoupling of a generic multi-sphere problem. A special case of this
problem is where the tug can be represented by a single sphere. For this case, the full set of equations
described in Chapter 2 can be reduced to a more elegant form.

As described in the previous section, the model consisting of multiple spheres on the debris can be
decoupled into a set of ’single spheres’. For the following discussion, one of such models is assumed
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consisting of a single sphere on the tug and a single sphere on the debris. Rewriting Equations 2.5
and 2.8 for this simple system, yields the potential measured by a probe. In short form, this equation
is written as:

Φps,ᑚ =
𝑟t,sᑚ𝑟p,t − 𝑟t,sᑚ𝑟p,sᑚ
𝑟p,t𝑟p,sᑚ − 𝑟t,sᑚ𝑟p,t𝑟p,sᑚ

(3.5)

where the potential of the tug and debris are taken as 1 and −1 Volt respectively. The distance between
sphere i and the tug, from probe to tug 𝑟p,t and from sphere i to probe 𝑟p,sᑚ are given by Equations 3.6
through 3.8 respectively.

𝑟t,sᑚ = {𝑟ኼsep + 𝑥ኼs,። + 𝑦ኼs,። + 𝑧ኼs,።+

2𝑟sep[ cos (�̇�𝑡) (𝑥s,። cos (�̇�𝑡) + −𝑦s,። sin (�̇�𝑡))+

sin (�̇�𝑡)( − cos (�̇�𝑡) (𝑦s,። cos (�̇�𝑡) + 𝑥s,። sin (�̇�𝑡)) + 𝑧s,። sin (�̇�𝑡))]}
ኻ/ኼ

(3.6)

𝑟p,t = √𝑥ኼp + 𝑦ኼp + 𝑧ኼp (3.7)

𝑟p,sᑚ = {[ − 𝑧p + 𝑧s,። cos (�̇�𝑡) + (𝑦s,። cos (�̇�𝑡) + 𝑥s,። sin (�̇�𝑡)) sin (�̇�𝑡)]
ኼ
+

[𝑥p +−𝑟sep + cos (�̇�𝑡) (−𝑥s,። cos (�̇�𝑡) + 𝑦s,። sin (�̇�𝑡))+

sin (�̇�𝑡)( cos (�̇�𝑡) (𝑦s,። cos (�̇�𝑡) + 𝑥s,። sin (�̇�𝑡)) + −𝑧s,። sin (�̇�𝑡))]
ኼ
+

[𝑦p + sin (�̇�𝑡) (−𝑥s,። cos (�̇�𝑡) + 𝑦s,። sin (�̇�𝑡))+

cos (�̇�𝑡)( − cos (�̇�𝑡) (𝑦s,። cos (�̇�𝑡) + 𝑥s,። sin (�̇�𝑡)) + 𝑧s,። sin (�̇�𝑡))]
ኼ
}
ኻ/ኼ

(3.8)

In these equation, the location of sphere 𝑖 with respect to the CoR is given by (𝑥s,።,𝑦s,።,𝑧s,።) and the
location of the probe with respect to the (center of the) tug is given by (𝑥p,𝑦p,𝑧p). The distance from
the tug to the CoR along the x-axis is given by 𝑟sep and the rotations are given by the proper Euler
angles𝜙, 𝜃 and 𝜓 (z-x’-z’). These angles are obtained for every time step from the respective Euler
angle rates �̇�, �̇� and �̇�. An overview of these angles can be found in Figure 3.134.

Figure 3.13: Rotation of a Cartesian coordinate frame with the Euler angles ጓ, ጆ and ጕ (z-x’-z’), as obtained from National
Instruments 4.

In this figure, the rotation of a Cartesian axis system is performed about the z-x’-z’ axis. The first
revolution about the first axis is shown in the left-hand side of the figure, while the final orientation of
the axis system can be found in the right-hand side.
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Φ

x

CoR

𝑟፩ 𝑟sep

Figure 3.14: Planar ’single sphere’ geometry with the tug
on the left, the probe in the middle and the debris on the
right.

Figure 3.15: Planar problem geometry with the debris
spheres in blue, the tug in brown and the probe in yel-
low.

3.5. Planar Semi-Analytical Single Sphere Model
There exists a special case for which the sphere locations can be found very accurately. When the debris
is very flat, i.e. it extends only marginally in the direction of a certain axis, and rotates exclusively around
this axis as well, the spheres only have to be distributed in two-dimensional space. This problem is
already dealt with in23, but now the single sphere model is introduced.

The following model is constructed. A single sphere representing the tug with Radius 𝑅 is placed at the
origin. The CoR is located along the x-axis at a distance 𝑟sep. Along the same axis, the probe is located
at a distance 𝑟p,t from the tug and the debris at a distance 𝑟 from the CoR, all in positive direction. Now
the debris is given an initial phase offset Φ around an axis perpendicular to the x-axis. This geometry
is sketched in Figure 3.14.

The normalized potential Φᖣps,ᑚ measured by the probe at any time 𝑡:[0, 2𝜋]s, is given by Equation 3.9.

Φᖣps,ᑚ = 1 − {[
1

√𝑟ኼsep + 2𝑟sep𝑟 cos (𝑡 + 𝜙)
( 1𝑟፩

+ 1
𝑟sep − 𝑟፩ + 𝑟 cos (𝑡 + 𝜙)

)−

1

√𝑟ኼsep + 2𝑟sep𝑟
( 1𝑟፩

+ 1
𝑟sep − 𝑟፩ + 𝑟

) ]/[ 1

√𝑟ኼsep − 2𝑟sep𝑟
( 1𝑟፩

+ 1
𝑟sep − 𝑟፩ − 𝑟

)−

1

√𝑟ኼsep + 2𝑟sep𝑟
( 1𝑟፩

+ 1
𝑟sep − 𝑟፩ + 𝑟

) ]}

(3.9)

To derive this equation, the normalization Equation 3.1 is applied on the equations for probe potential
2.5 and 2.8. Furthermore, the quantity ፕ

ፑ for both tug and debris is set to zero as this is just a scaling
factor and the potential of both spheres is again set to unity.

In order to apply the given equation, first a model must be constructed consisting of multiple spheres.
Consider the geometry displayed in Figure 3.15, where three spheres have been placed on the debris.
For this geometry, the normalized potential measured by the probe Φᖣp is displayed in the left-hand side
of Figure 3.16. As it is known from the previous sections that this signal is the summation of a set of
single sphere signals, the phase of the signals can be decoupled. For a single sphere undergoing a full
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rotation, the valley of the signal, i.e. where the distance between the two spheres is smallest, occurs
once. The problem of a multi-sphere problem is however, that not all peaks can be distinguished, as
some spheres ’cast a shadow’ on the signal of others. An often more fruitful approach is to look at
the second derivative of the signal, as can be seen in the right-hand side Figure 3.16. Whereof in the
Φᖣp signal, only two valleys and valleys can be distinguished, the second derivative shows all three of
them.

0 1
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0.2

0.4

0.6

0.8

1

0 1
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-0.1
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0.1
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Figure 3.16: Normalized probe potential and its second derivative versus a full rotation of the debris.

As the initial phase offset of each sphere is directly related to the position of the peaks in the second
derivative, it is of essence that these peaks are clearly observable. In order to see how well they can be
found over a range of sphere radii 𝑅 and rotation distances 𝑟, a Monte Carlo simulation is performed.
For a random distribution of 1000 sets of 𝑅 and 𝑟, as well as for 4 distinct sphere geometries indicated
by Φ, the probability of finding a peak at a certain location is given. In other words, for three given
sphere phases, the parameters 𝑅 and 𝑟 are varied and the peak locations in the respective signal
are counted. By performing this simulation, a metric of robustness can be specified as to whether
for a random signal, the sphere locations can be filtered out. If the peak locations are found with a
high probability and at the right locations, this method of deducing sphere locations directly from the
observed potential signal can prove to be promising, while vice versa the method is not found suitable
for future development. The results of the simulation can be found in Figure 3.17.
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In the top row of this figure, the probability of finding the peaks and valleys in the normalized probe
potential signal is given versus a full rotation. The second row represents this data for the second
derivative of the signal, where every column corresponds to a specific sphere geometry indicated
above the graphs. The angles specified are the phase offset of the three debris spheres. Furthermore,
the normalized probe potentials due to each single sphere Φᖣps,ᑚ are scaled to the maximum value of
the peaks and plotted in every graph as well. The peaks and valleys should therefore be matched with
the respective peaks and valleys of these curves, as they represent the truth model.
From the figure, a few observations can be made. First of all, the peaks are indeed more clearly
resolvable for the second derivative than for the normalized probe potential Φᖣps,ᑚ . Where in the latter
the distribution of the peaks is more spread out and therefore often found at the wrong locations, the
second derivative shows almost a perfect distribution. Furthermore, due to the coupled nature of the
problem, peaks are forming close to the location where the peak is expected without the influence of
other spheres. Especially for phase angles close to each other, the resolvability of individual peaks and
valleys becomes more cumbersome. Lastly, and most important, the probability is at most marginal,
indicating that for most models, it is very difficult to resolve each sphere individually. By increasing the
amount of spheres, the resolvability becomes even worse.

Assuming a model is chosen where the peaks can be resolved and therefore the phase offset of each
sphere be found, the next step is to obtain the scaling factor and sphere distance 𝑟. Since the analytical
equation for Φᖣps,ᑚ is known, Equation 3.3b can be used to find 𝛽።, rather than using Equation 3.3a. As
a solving method, the Matlab built-in function fsolve is used, which requires input of the same amount
of equations as there are unknowns36. Since the debris sphere populations is 3, and the parameters
that have to be solved for are 𝑟 and 𝛽።, the amount of unknowns is 6. In order to obtain the same
amount of equations, 6 sample points are taken from the normalized probe potential signal Φᖣp. As the
influence of the individual sphere signals is most prominent around the peaks, the samples are taken
at 0.1/𝜋% to the left of each peak and valley. Additionally two samples are taken at the same distance
to the right of the valleys. An overview of these sample points can be found in the left-hand side of
Figure 3.18. In order to obtain the 6 equations, Equation 3.9 is substituted in 3.3b and evaluated at
the sample points. The resulting approximation of Φᖣp can be found in the left-hand side of Figure 3.18.

Figure 3.18: Truth and estimate (normalized) potential curves, also showing the sample locations and error of the approximation.

The last step in finding the best representative sphere model, is to obtain the original sphere radii 𝑅 and
debris potential ΦD. In order to find these parameters, a model is constructed with the obtained sphere
distances 𝑟 and phase offsets Φ, but now with an arbitrary set of sphere radii and debris potential 𝑉d.
By minimizing the difference between the measured probe potential of this approximated model and
the ’truth’ model, the best fitting radii and potential can be obtained. A more in-depth analysis of such
an optimization process can be found in the next chapter. The resulting best fitting Φᖣp can be found
in the middle of Figure 3.18, while the error between ’truth’ and approximate Φᖣp are displayed in the
right-hand side of the figure. Even though the error is small, it should be noted that this does not
account for the scale of the signal. As the potential is in the kilovolt range, the absolute error can
result in significant errors in electrostatic force approximation.

From the analysis and methodology described in this section, it becomes clear that for the special case
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of a planar piece of debris with distinguishable peaks, the potential can be found very accurately and
without large computational costs by performing some simple manipulations. For three dimensional
problems however, the analytical solution is hard to obtain. A reason for this is that locations out of
the plane of rotation are only marginally separable, as can be observed in figure 3.19.

Figure 3.19: Normalized potential and its second derivative of a three-dimensional multi-sphere problem and the projected
two-dimensional version.

This figure is created with a 3-sphere (on debris) model where two of the spheres are placed out of
plane. A projected version of this model consists of the same spheres but without the out of plane
component (so the z-component is set to zero). As the out of plane distance only marginally increases
the total distance to the probe, the effects on the probe potential are almost impossible to discern.

3.6. Spatial Numerical Single Sphere Model
In case the tug cannot be accurately represented as a single sphere, the equations in Section 3.4 no
longer hold. In order to decouple the equations and simplify them, the following model is considered.
The tug is represented by m spheres with radii 𝑅 and uniform potential ΦT. The debris consists of n
spheres with radii R and uniform potential ΦD. The ’single sphere’ probe potential Φps,ᑚ can then be
calculated with Equation 3.10.

Φps,ᑚ = 𝑘c(
፦

∑
፣዆ኻ

𝑞፣
𝑟p,፣

+ 𝑞።
𝑟p,።
) 𝑖 ∈ 𝑛 (3.10)

The charge 𝑎 can be found from the capacitance Equation 2.5, but with the potentials adapted to ΦT
and ΦD, as is done in Equation 3.11.

⎡
⎢
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⎥
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⎦
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⎡
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⎢
⎣

𝜙T
𝜙T
⋮
𝜙T
𝜙D

⎤
⎥
⎥
⎥
⎦

𝑖 ∈ 𝑛 (3.11)

As described in Section 2.3 by Equation 2.7, the inverse capacitance matrix can quickly be evaluated
using a block matrix inversion.
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3.7. Summary and Conclusions
In this chapter, the influence of the parameter 𝑅, 𝑉d and sphere locations are described. It is shown
that the potential of debris and tug has little influence on the optimal location of debris spheres. For
this reason, it is beneficial to perform an optimization based on the normalized potential signal. This
reduces the set of parameters that have to be optimized for and decouples the potential from the
sphere locations. Furthermore, it is found that also the radius of the debris spheres can be decoupled
for some distinct cases. The biggest influence on the constructed potential curve, is the distance of
which spheres are revolving around the CoR. For a debris geometry that is very planar, this means that
the set of parameters that describe most of the normalized potential curve, are the orbital radius 𝑟 and
initial angle (phase) Φ. Furthermore, it is shown that the normalized potential signal due to a set of
debris spheres is almost equal to the normalized summation of single debris sphere signals. Effectively,
this means that instead of computing the inverse capacitance matrix of a square 𝑚+𝑛 sized matrix, 𝑛
computations of a square 𝑚+1 size matrix have to be computed. The effect of decoupling the spheres
from each other on computational cost can be found in Figure 3.20.

Figure 3.20: Overview of computational cost of inverting a single square matrix of varying size or multiple times (size-2) a matrix
of size 3.

In this figure, the computational cost of inverting a square matrix of varying size (3 through 1000) is
compared with inverting a 3𝑥3matrix a varying amount of times (1 through 998). This corresponds with
a inverting the inverse capacitance matrix of a 2-sphere tug and single sphere debris. As can be seen in
this figure, computing multiple times a smaller matrix is only beneficial in terms of computational cost
when more than a couple of hundred spheres have to be evaluated. In terms of absolute computational
cost of inverting the inverse capacitance matrix in the RSEC method, a significant variation between
the two models can be found. As every iteration within the optimizer requires computation of the
potential curve, the amount of inversions performed during a full RSEC application is considerable. The
biggest advantage of decoupling the spheres however, is the insight that can be gained from analyzing
the influence of every sphere separately. The RSEC method can be therefore possibly be improved to
find the individual sphere locations based on peaks and valleys in the potential signal, as described
in Section 3.5. Furthermore, for models where the tug can be approximated by a single sphere, the
analytical equations for the normalized potential can be constructed for this simple two-sphere model,
which can be added together to create the decoupled MSM model.

Concluding from these observations, it can be stated that simplifications to the MSM model can be
used to decrease the amount of parameters that have to be optimized for such that the coupling effect
between sphere location, radius and potential can be decreased. This means that for many spheres,
the computational cost can be decreased, while for only a few spheres, these spheres can be placed
based on observation of peaks and valleys in the signal, although this is currently only evaluated for
planar geometries and rotations.





4
Optimizing Strategies

In the previous sections, the physics and geometry of the Multi-Sphere Method (MSM) model have
been described. In order to find the best sphere locations, as well as potential and radii, optimization
algorithms are applied. Depending on the application, information about the debris and/or tug can
be available. Visual inspection of the target body during a formation flying maneuver can indicate
whether the tumbling motion is dictated by a single axis, or whether the body can be approximated by
a near-planar shape. Furthermore, calibration data of the tug can indicate whether a single tug sphere
model is justified. Depending on the availability of this information, the scheme drawn in Figure 4.1
indicates which model simplification can be used. The relevant section in which these simplifications
are described are also given.

Single Tug 

Representation?

Planar 

Geometry?

Full Numerical

 Decoupling (4.6)

Spatial Analytical

 Decoupling (4.4)

Planar Analytical

 Decoupling (4.5)

Yes

Yes

No

No

Figure 4.1: Logic tree describing which simplifications of the model can be used and where to find them in this report.

Based on the appropriate simplification of the model, a optimizing strategy can be chosen. Three
distinct optimization methods are developed and will be evaluated. An overview of these methods can
be found in Table 4.1.

29
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Table 4.1: Overview of three distinct solving methods and a description of which state variables they solve for.

Name Algorithm State Variables

Method 1 1. Optimize using radii and potential of unity x,y,z

and random sphere locations

2. Optimize using resulting state variables from step 1 x,y,z,R,V

Method 2 1. Optimize using random radii, potential x,y,z,R,V

and sphere locations

Method 3 1. Optimize using radii and potential of unity x,y,z

and random sphere locations

2. Optimize only sphere radii and potential R,V

In this table, for each of the methods, the steps (algorithm) are displayed and in the right-most column,
the parameters solved for are displayed. A more elaborate description of the methods is given hereafter.

The first method applies the sphere decoupling equations found in Chapter 3. The debris and tug
potential are set to unity, as are all sphere radii 𝑅. After optimizing the sphere locations using the
reduced system, a second optimization is performed, where the sphere locations are given as input,
while the output contains sphere locations as well as radii and potentials. This method can be applied
to show that the decoupled system can be used to find a first approximation. Especially for simple
debris geometries, the computational time can be significantly reduced as (semi)-analytical equations
can be used to find the potential over time. The second method is to perform a single optimization,
starting from a random generated initial state vector. No decoupling of parameters is performed and
the optimizer tries to find all sphere locations, radii and potential of the debris in the same time. This
method is most robust and requires the least amount of assumptions. The third method takes roughly
the same approach as the first. By decoupling the model, a first rough solution set of sphere locations
is found. The second optimization then uses these sphere locations, but only solves for the radii and
potential. Due to the coupling of sphere radii and their location, this method is the least accurate of
the three and not evaluated in most of the simulations following.

An overview of the functional flow of the first two methods can be found in Figure 4.2.
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Figure 4.2: Model flow diagram indicating the operations performed in the two distinct optimization methods.
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Depending on the method chosen, a state vector is created. This vector contains the parameters that
will be optimized for. Based on an initial state vector, a MSM is set-up, taking into account constraints
and limitations of the parameter values. Depending on the method, the resulting potential curve is
obtained as a summation of single sphere potentials, or directly from the MSM model. In order to
compare this curve with the potential measurements, a cost function is created. By varying the state
vector, the cost function can be minimized, such that the potential curves match to a specified tolerance.
In order to constrain the range of values the state vector can assume, boundary conditions are supplied.
The sections following in this chapter describe the building blocks of the flow in more detail.

4.1. State Vector and Initialization
Referring back to Figure 2.2, each sphere is represented by its coordinates (𝑥, 𝑦, 𝑧) in the Local Vertical
Local Horizontal (LVLH) reference frame, and radius 𝑅. Furthermore, the set of spheres on the tug has
a uniform potential of 𝑉t and the set of spheres on the debris a uniform potential of 𝑉d. Assuming the
set of parameters of the tug is known from calibration, the state vector containing all parameters of
interest can be constructed as:

x = [𝑥ኻ, 𝑦ኻ, 𝑧ኻ, 𝑅ኻ, … , 𝑥፧ , 𝑦፧ , 𝑧፧ , 𝑅፧ , 𝑉deb] (4.1)

where 𝑛 is the total number of spheres on the debris. In order to find the best-fit MSM model, these
parameters are varied until a satisfying combination is found. Due to the large size of parameters
optimized for and coupled nature of the MSM model, multiple solutions exist that satisfy the optimizing
tolerance. Furthermore, for specific combinations of the parameters, local minima are attained in the
cost function. For this reason, evaluating the initial state vector is of importance. By forcing a specific
distribution on the spheres, these minima can be evaded.

The most robust population of the initial state vector is with a random distribution. When the optimizer
is able to find an accurate representation of the debris starting from a state constructed with minimal
knowledge of this body, i.e. a random input, the Remote Sensing for Electrostatic Characterization
(RSEC) method can be expected to work for the widest range of applications. Assuming some knowl-
edge of the shape of the debris is available, the initial state vector can be constructed more efficiently.
By evaluating the geometrical bounds of the body, a sphere distribution can be applied to this region.
This can be done either with a volume population method, or a surface population method37. Further-
more, a either a homogeneous distribution of spheres can be chosen, or one that mimics more of the
local behavior of the body. As the random state vector initialization gives most credit to the applicability
of the RSEC method, this initial state vector representation is chosen for the simulations described in
this report.

4.2. Cost Functions
Optimization is performed by varying the parameters in the state vector, such that a cost function
is minimized. The cost function therefore has a big impact on the ability of the solver to find the
best fitting sphere distribution. In general, the parameters are varied until the cost function attains a
specified tolerance. This tolerance is often specified as a minimum step-size, or a minimum function
value. In order for the optimizer to take smooth steps along a clear gradient, the cost function should
be clearly defined.

For the RSEC method, the data that is obtained as input and reference, is the potential measured by
probes. Typically, cost functions take values in the 0 − 1 range. A typical and simple cost function 𝐽
which is clearly defined and positive-definite, such that a smooth behavior can be expected, is given
in Equation 4.238.

𝐽 = ‖𝜙P(x, t) − 𝜙M(t)‖ (4.2)
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In this equation, the norm is taken between a measured (ΦM) and predicted potential signal ΦP.
Another option is to first normalize the individual signals, before taking the norm, as is displayed in
Equations 4.3.

𝐽 = ‖ 𝜙P(x, t) −min(𝜙P(x, t))
max(𝜙P(x, t)) −min(𝜙P(x, t))

− 𝜙M(x, t) −min(𝜙M(x, t))
max(𝜙M(x, t)) −min(𝜙M(x, t))

‖ (4.3a)

𝐽 = ‖𝜙ᖣP(x, t) − 𝜙ᖣM(t)‖ (4.3b)

Applying normalization to the signals offers some advantages and some drawbacks. In the previous
chapter, it has been shown that normalizing the data reduces the influence of sphere radii and potential.
When optimizing for these two parameters, it is therefore wise to choose a cost function which is not
dependent on normalization. The advantage of normalizing data however, is that for some debris
rotations and probe locations, the influence of spheres located far from the Center of Rotation (CoR)
is minimal on the cost function, while they do have a large influence on the torque in the system.
By placing probes more outwards, the effect of these spheres becomes more prominent, but as the
potential data itself decreases in magnitude, this effect gets reduced. By normalizing the potential data
for such a case, better fitting sphere models can be found.

In order to analyze how the cost function behaves, the following ’cube-plate’ model is constructed.
Given the MSM model as displayed in the right-hand side of Figure 4.3, one additional sphere is added
to the system. The z-location of the additional sphere is 0, while the x and y-direction are varied. For
every location, the cost function is evaluated. In the left-hand side of Figure 4.3, the cost function
values are displayed, where the scale is arbitrary, but should be minimized.

Figure 4.3: Cost function evaluation for placement of a single sphere, with on the right-hand side the MSM model to which the
sphere is added.

From the figure, it can be concluded that the cost function is minimal near the regions where most
charge resides. Especially the far end of plate, i.e. the location that comes closest to the tug over
during the tumbling motion, the cost function value attains a low value. The result of this behavior is,
that spheres tend to move towards the most outwards position on a geometry.

4.3. Boundary Conditions and Constraints
In order to obtain better optimization results, it can be helpful to implement boundary conditions. This
sections gives a brief overview of these conditions and the motivation for their application.

There are two boundary conditions that are always applied, as they are found to contribute significantly
to the performance of the RSEC method. First of all there is a constraint which requires the spheres
to have a certain minimal separation from each other. In order to enforce this constraint, the distance
from each sphere to the others is determined, after which the minimal value is tested with a reference
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distance. By enforcing a minimal sphere separation, it is made sure that spheres do not overlap,
which creates singularities in the capacitance matrix. Furthermore, spheres that are overlapped do
not contribute to the system of spheres and therefore these spheres should be forced to a different
location.

Secondly, there are upper and lower bounds in the state vector. These can be seen as a bounding box
around the debris, in which the spheres have to be located. The size of this box can found from visual
inspection, or can be taken very large to ensure general applicability. Furthermore, the upper and
lower bounds put a constraint on the sphere radii. Where spheres are enforced to maintain distance,
a large sphere can still overlap another sphere. Therefore the size of spheres is generally restricted to
values smaller than 3 meter. Lastly, the debris potential is allowed to vary between 0 and −50 kV. Due
to the Electrostatic Tractor (ET), the magnitude of the debris potential will have a negative sign. Also,
as the truth potential is 30 kV, potentials larger than −50 kV can be neglected.
If information about the debris geometry is present from observations, a ’bounding box’ can be placed
around the body. The debris spheres are not allowed to be placed out of this box. For the debris
geometry applied in this report, a bounding box is chosen that has a length of 30, width of 10 and
height of 10 meter, where the length is along the panels. As the debris geometry is a lot smaller, this
bounding box is a soft constraint.

Another constraint that is often useful, is that of sectors. As is shown in the previous section, spheres
tend to move to the edges of a geometry while optimizing. In order to ensure that not all spheres move
to this edge, a restriction is applied where at least some spheres have to be located on the opposite
side of the CoR. If a bounding box is present, this box can be divided in sectors. For the simulations
described hereafter, four equal sized sectors are applied in the xy-plane, with the intersection at the
CoR.

4.4. Choice of Optimizing Function
Depending on the geometry of the problem and the available sensor data, several different optimizing
functions / algorithms can be chosen. The first optimizing function discussed is the fsolve function
within Matlab36.

Especially for planar decoupled models, the amount of parameters that have to be estimated can be
limited. For such models, the fsolve function within Matlab can give accurate results36. The condition
for which this function can be used, is that an equal amount of equations as there are parameters must
be specified, as this function solves for a system of nonlinear equations. For a decoupled problem,
so solving only for (x,y,z), where 𝑛=3 spheres have to be optimized, this means that either 9 probes
are required, or that measurements are split, making the algorithm more complex. Furthermore, after
this optimization, still the potential and radii of the spheres have to be found, requiring a second
optimization step.

A second option is to use the fmincon function, which is a gradient based solver built-in to Matlab39.
The solver evaluates the specified cost-function based on a state vector and constraints as specified in
the previous sections. By determining the gradient of the function around the current evaluation point,
the next state vector values can be determined. The function continues to evaluate the cost function
until the next step size or the difference in cost function is smaller than a given tolerance. Especially
for a large population of spheres, the objective function is not very smooth and the chance of ending
up in a local minimum is large. As a solution, the function can be run multiple times with a random
input, by using the multistart option40.

The third option considered is to enforce multiple starts is by using a genetic algorithm. Such an
algorithm evaluates many initial conditions and based on their outcome, a new pool of initial conditions
around the best outcome is created. By doing so, the best options ’survive’. The downside of such an
algorithm is the computational cost it introduces.

The method that is found to be working best under the widest range of debris geometries and rotations,
while still introducing manageable computing cost, is the fmincon function. For the numerical simulation
described in the next chapters, this function is therefore applied.





5
Finite Element Validation Setup

As all of the physics, equations and constraints concerning the Remote Sensing for Electrostatic Char-
acterization (RSEC) method have been analyzed, the next step is to put the developed method to the
test. As it is infeasible to obtain in-situ potential measurements of an actual piece of debris orbiting
around Earth, an alternative source of data is required. This chapter elaborates on different options to
obtain this data. An overview is given on how a representative Finite Element Analysis (FEA) is set-up
and the validity of the resulting data. Furthermore, an intermediate step to obtain data in terms of the
Surface Multi-Sphere Method (SMSM) is described, allowing for more extensive multi-axis simulations.

5.1. Validation Options
Although a flight experiment is beyond the scope of this research and no relevant data can be collected
from past missions, there are some options to obtain a valuable set of data. To date, there have
been a couple of experiments regarding the electrostatic interaction between bodies41,42. In these
experiments, a sphere is constructed from foam, on top of which an aluminum conducting layer is
wrapped. A high voltage source is attached to the sphere as to charge it to kilovolt potentials, mimicking
the Multi-Sphere Method (MSM) behavior. If such an experiment is to be extended as to test the
performance of the RSEC method, an important issues has to be resolved. In order to test the ability to
measure the potential at a distance from these spheres and use the RSEC method to find the force, a
probing technique has to be found capable of observing these potential levels in a contact-less manner.
From a meeting with staff from the TU Delft High Voltage Lab (HVL) addressing this issue, the following
results were found43.
Measuring the potential at a distance is possible with a contact-less probe such as the Trek probe44.
These kind of probes only work for small separations with the charged surface however, as to create
a capacitance in the sensor that can be measured. For larger separations, a lot of noise is introduced
in the measurements. As the spheres require a radius of tens of centimeters to store the charge and
generate a uniform field, the separation distance between spheres, and therefore also between probe
and sphere has to be a lot larger than the probe can provide accurate measurements for.
The second option is to use an electric field mill to retrieve potential data from the electric field between
the spheres45. The electric field mill that is available however, has dimensions in the order of (10𝑥10𝑥10
cm), which severely restricts the accuracy of the measurements. Scaling the measurements to larger
dimensions is neither an option as the test-setup will become cumbersome. A third option is to place
a small conductor, such as a piece of metal, in the field. By measuring the deflection with a laser, the
field properties can be obtained. As such a test-setup has to be created from scratch, this option is also
ruled out. Creating and calibrating this set-up is beyond the scope of this research, while the outcome
of the measurement has to be validated itself. Before such an experiment can be applied to validate
the RSEC method, there most like is no space left in the alloted time for this thesis work.
It was decided to focus on computer models, as this was the most practical and feasible approach. The
experience of the HVL has shown that a FEA using the Comsol software is a reliable source of data46.
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The set-up of the Comsol model, will be discussed in the following sections.

5.2. Geometrical Comsol Model

In order to construct a model which resembles a possible mission scenario while still keeping compu-
tational cost within bounds, the geometry displayed in Figure 5.1 is chosen.

Figure 5.1: Graphical representation of the Comsol model used to create validation data for the RSEC method.

As it is assumed that the characteristics of the tug will be calibrated for, a single sphere of 3 meters
radius is chosen. This allows for direct application of and comparison with the equations described in
previous chapters, as well as simple meshing of the surface and reduction of computational cost with
respect to a complex shape with more resemblance to a satellite. The drawback of using a simple
sphere is that the model is simplified and resembling less of an actual mission scenario. The 3 meters
is chosen as an effective satellite radius based on data obtained from Jasper and Schaub 47. The
debris is modeled as a box with two plates adhered, as to represent a defunct satellite with two solar
panels. One of the panels is shorter than the other in order to introduce asymmetry to the model.
This allows conclusions to be extended to a wider range of application as well as to obtain more clearly
distinguishable potential measurement data. The separation distance 𝑟sep is chosen to be 30 meters,
such that the panels of the debris tumbling around the middle of the box will never hit the tug or
probes. The location of the probes, debris and tug are indicated in Table 5.1
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Table 5.1: Locations of probes, debris and tug describing
the Comsol model geometry.

x [m] y [m] z [m]

Probe 1 -10 -10 10

Probe 2 -10 -10 -10

Probe 3 -10 10 10

Probe 4 -10 10 -10

Tug (c) -15 0 0

Debris (c) 15 0 0

Table 5.2: Dimension of debris and tug describing the Comsol
model geometry.

Width [m] Height [m] Length [m]

Panel 1 0.3 3 9

Panel 2 0.3 3 4.5

Box 3 3 3

Sphere 3 3 3

Furthermore, a large sphere with radius of 50 meter and a layer thickness of 10 meter is added around
the bodies. On this sphere, the infinite element boundary constraints are applied, as to represent the
potential field at infinity, which is set to zero.

Note that the probes are not included in the geometrical model displayed in Figure 5.1, as the registered
potentials are taken at points in space. By doing so, the probes will not change the field around
them, which is also assumed for the RSEC method discussed in this report. This reduces the need for
simulating probe behavior, which is a study on its own. Other boundary conditions that are applied to
the model are the potentials on the debris and tug, as well as charge conservation in the whole system.
The debris is given a potential of −30 kV, where the tug assumes an electric potential of 30 kV.

5.3. Meshing of the Model

Selecting and creating an appropriate mesh has a tremendous influence on the outcome of the FEA
study. A very coarse mesh will result in fast computation but poor results, while a fine mesh yields high
accuracy results at the cost of computation time. In order to find the right balance, some observations
are made. First of all, the infinite element domain allows for a coarse, swept mesh, as the geometry is
very symmetric and results in this domain are not as critical as on the surface of the bodies. A view of
this mesh can be found in Figure 5.2. Secondly, the domains inside of the debris and tug are of least
importance as well, as all charge will reside on the surface of the bodies. Therefore these domains
can be applied with a coarse mesh as well. The size of the mesh is still significantly lower than that
of the infinite element domain, as the size of the bodies surrounding the mesh are smaller. Thirdly,
the points on the bodies closest to each other will accumulate most charge, therefore requiring the
finest mesh. In order to account for this, the point on the tug closest to the debris is chosen to have a
maximum mesh size of only 1 cm. A larger mesh-size is found (in test-runs) to introduce a lot of noise
in the force-curves. An even smaller mesh size introduced memory issues and drives the computational
time to levels that are not manageable within the given time. Lastly, computing the surface charge for
straight edges requires a very fine mesh. Therefore the edges of the debris are all given a maximum
mesh size of 1 cm as well. As giving a good view of such a fine mesh is difficult, a mesh with a larger
size was constructed and illustrated in Figure 5.3. Note that the mesh in between the bodies is not
displayed, but is taken to be fine near the bodies and coarse near the infinite element domain.
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Figure 5.2: Comsol model with a mesh applied to the sur-
faces and volumes.

Figure 5.3: Close-up view of a mesh created for tug and
debris.

5.4. Livelink and Cluster Simulations
A useful feature of Comsol is the Livelink with Matlab interface48. By setting up a client-server connec-
tion, a Comsol model can be created and directly loaded from Matlab. The benefits of this interface
are simple implementation of calculations and data processing as well as extended controllability. For
computationally heavy simulations with a parameter sweep, Comsol can run out of memory or simply
occupy most of the computers processing power and memory. By running the model from Matlab, par-
tial data can easily be stored and in case of an error or crash, the simulation can be resumed from this
point onwards. Even though this provides better computational power, the fine meshes required for a
satellite geometry require more processing power and memory. For this reason cluster computations
are performed.
TU-Delft manages a cluster called HPC12 consisting of 1536 cores and on average 4 GB of memory
per core. These cores are divided into nodes, where at most 48 cores can be used for one simulation.
Within Comsol, there is the option to divide the parametric sweep into parts and let them calculate at
different cores. The Comsol data can be directly loaded into the cluster via the SSH Secure Cell Client.
During the simulation, a log file is created, which contains information that would normally be read
from the Comsol Graphical User Interface (GUI). A single output file is created with all processed data
in it, which can be retrieved from the client. After opening, the data has to be re-processed to yield
the required potential and force curves. As the data has to be opened at a licensed computer, this
process can take up to a few hours. It is therefore advised to create a sample output before running
the simulation, such that minimal user input is required after loading the cluster data into the licensed
computer. Additionally, all advanced rendering options can be turned off, and a fast CAD geometry
creator can be selected. In case the TU Delft computers are used, also the temporary file directory
should be changed as the factory settings limit the available memory.

5.5. Finite Element Simulation Results
A study is created within Comsol, where a stationary (stead) study is chosen for the geometry discussed
in the previous sections. In order to generate a time-dependent potential signal, a parameter sweep
is created, where the angle of the debris about the z-axis Θ is varied in the range of [0, 190] degrees,
with a step size of 5 degrees. Note that the zero angle of rotation is defined as where the large panel
is directed along the x-axis. This corresponds to a rotation of the debris with −90 degrees as depicted
in Figure 5.2. As the debris rotation is symmetric, the data points in this domain can be mirrored to
the [180, 360] degrees region, with the exception of 𝐹፲ data, which also switches sign. Furthermore,
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two extra data points (185 and 190 degrees) are added such that a check can be performed on the
correctness of the data after mirroring. The step size is chosen as to generate enough data points for a
smooth curve and good applicability of the RSEC method, while maintaining manageable computational
cost.
For each step in the parameter sweep, the potential is registered at the probe locations. By applying
the electrostatic force calculation in the model, also the force in three directions is determined. As the
model generates a few million cell evaluations, the output file of a single parameter sweep becomes
cumbrous. For this reason, the sweep is sectioned in 10 partitions and run on the TU Delft cluster. The
results are concatenated and extended to the full rotation as described previously. As two data points
(135 and 175 degrees) are corrupt, the output for these sphere rotations is linearly interpolated. The
resulting force and potential curves can be found in Figure 5.4.

Figure 5.4: Raw force and potential data obtained from Comsol simulation.

From this figure, some observation can be made. First of all, the general shape of the curves is as
expected; the registered potential is least positive where the large panel is close to the tug while the
electrostatic force at this point is most negative. Furthermore, there exists an offset between the probe
measurements as first the probes with positive y-locations will register the large panel coming closer,
followed by the other two probes at a certain phase shift. As the debris is symmetric about the body
y-axis and rotates about z, two probes with the same y-locations and mirrored z-location (i.e. probes
1 & 2 and probes 3 & 4) have identical potential measurements.
Secondly, the scale of the data is as expected. The force 𝐹፱ which is used to manipulate the debris
acceleration, is in the mili-Newton range, while the force 𝐹፲, which is used to detumble the debris, is
almost an order of magnitude lower. Tue to the symmetry, the force in z-direction 𝐹፳ is zero except for
some noise.
Thirdly, the specific shape of each curve is as expected. As explained previously, 𝐹፱ increases as the
large panel moves closer to the tug. While the same hold for the potential field, the probes at negative
y-location will also see the large panel moving further away for Θ smaller than a couple of degrees.
This causes a small measured potential increase before the large decrease due to the panel coming
closer to the tug.
The behavior of 𝐹፲ is a little bit more difficult to explain. First of all, there seems to be an error in the
computation, as the values at 0 and 360 degrees are not identical. Due to symmetry of the model at
this rotation angle, these values should be zero. Aside from this error, the shape of the curve can be
explained as following. The general shape of the curve is close to a sine as the force is zero for 0 and
180 degrees. Furthermore, as charge is allowed to move in the debris, it can reach the largest distance
in y-direction at 90 and 270 degrees. However, as more charge moves to the panel when it gets closer
to the tug, the peaks in the signal shift a bit towards 180 degrees. When the angle Θ increases beyond
this point, the sign off 𝐹፲ changes and the same behavior results in opposite direction.
Additional insight is gained from the potential field around the bodies. For a debris orientation where
the larger panel is directed towards the tug, i.e. where the Coulomb force is largest, the potential field
is retrieved from the FEA solver. The data is presented at specific nodes in the mesh for two slices; the
xy-plane as well as the xz-plane. The results can be found in Figure 5.5.
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Figure 5.5: Potential field obtained from finite element data for a rotation angle of the debris of 180 degrees about the z-axis.

The field can be seen to vary from 30 kV at the surface of the tug, to 0 V at a specific point between
the two bodies, to −30 kV at the surface of the debris. Radially outward of the bodies, the field drops
with a 1/𝑟 relation. Corresponding with the very fine mesh on the surface of the bodies and a coarse
mesh near the edge of the domain, the density of data-points drops with the distance away from the
bodies. Furthermore, the potential within the bodies is manually appointed the maximum value of its
corresponding surface, as the potential field within the bodies is not evaluated due to a lack of charge
in these volumes.

5.6. Finite Elements versus Multi-Sphere Method
Inherently, there is a difference between the results from a FEA and the MSM as the latter resembles
the charge residing on an object as a point charge. Instead of a continuous charge distribution, a step-
wise distribution is therefore present. For the analysis described in the report, as based on the mission
scenario, it is assumed that the tug characteristics can be calibrated and this information fed into to
RSEC solver. In order to introduce the least amount of error as possible due to conversion of FEA to
MSM representation of the tug in these simulations, a well known shape is therefore chosen; that of a
sphere. Even though this shape allows for simple meshing and representation, the difference between
FEA and MSM modeling requires adaptation of the sphere when applied in a MSM model. An accurate
representation is proposed by Stevenson and Schaub where the golden section spiral distribution is
used to populate the surface of the original sphere with a set of smaller spheres3,49. In order to find
the optimal radius of these spheres, the difference in self-capacitance 𝐶 of the tug for the two sphere
populations can be minimized with the function 𝑓 3:

𝑓(𝑅) = 𝐶MSM − 𝐶Single Sphere (5.1)

where the only parameter that influences the self-capacitance for a given distribution of spheres is the
radius 𝑅. The theoretical capacitance of a single sphere can be found from Equation 5.2a, while the
capacitance of a set of spheres can be obtained from the Equation 5.2b.

𝐶 = 𝑅
𝑘c

(5.2a)

𝐶 = 𝑄
𝑉 (5.2b)

From analysis of the numerical results, there seems to exist an offset between the capacitance of a
single sphere and that found from the FEA. For this reason, the following function is used to find the
MSM sphere radius, where it is assumed that the FEA results can be considered the ’truth model’ and
the potential of the tug and debris is at 30 and −30 kV respectively.



5.7. Multi-axis Tumbling 41

𝑓(𝑅) = 𝑄MSM − 𝑄FEA (5.3)

In Comsol, an integration over the surface of the bodies is performed in order to find the total charge
𝑄 on the body for a given rotational state of the debris. For an angle of 90 degrees, such as depicted
in Figures 5.2 and 5.3, the charge on tug and debris is displayed in Table 5.3. For two distinct sphere
populations, the radii corresponding to these charge levels is evaluated. These results can be found in
the table as well. Note that the separation between the spheres on the debris is the governing factor
for the sphere population. In order to maintain a homogeneous distribution of spheres on the debris,
two separation distances are tested; 0.5 and 0.1 meter.

Table 5.3: Overview of optimal SMSM sphere radii based on charge found from FEA.

Body [%] Charge [𝜇C] # Spheres [-] Separation [m] Sphere Radius [m]

Tug 11.238 30 - 0.5009

11.238 50 - 0.3893

Debris -12.639 407 0.5 0.1315

-12.639 9587 0.1 0.3095

𝑉deb = −30 kV, 𝑉tug = 30 kV, Debris angle = 90 deg

From the results shown in this table, it can be deduced that the larger sphere population provides a
lot of overlap between the spheres, as the distance between spheres is 0.1 meter, while the optimal
radius is 0.3 meter. Furthermore, comparing the Coulomb force curves for both sphere populations, a
negligible difference was found. For this reason, the smallest population is used in simulations as the
computational cost of this distribution is significantly smaller than that of the larger population.

5.7. Multi-axis Tumbling

Performing the FEA computations for the one-axis revolution of the debris took a full day, while retriev-
ing and processing the data into the corresponding figures took another. In order to demonstrate the
general applicability of the RSEC method, rotations about multiple axis need to be evaluated. As the
expected computational cost is very large, an alternative has to be found. A feasible approach is to
find the capacitance of a non-rotating model using a FEA of the tug-debris system, while performing
the rotation using the corresponding SMSM model. Using the population of 30 spheres on the tug and
407 on the debris, as found in Table 5.3, the following SMSM model is constructed that compares with
the previously described FEA model.
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Figure 5.6: Sphere locations used in the SMSM simulation, with 30 spheres on the debris and 407 on the tug.

In this model, the golden-section spiral distribution used on the tug can be found in brown, the 4
probes in yellow and the homogeneous distribution of spheres with a separation of 0.5 meter in blue.
Using this SMSM geometry, the potential field around the bodies can be evaluated and compared with
the FEA results. In the bottom row of Figure 5.7, the potential field of the SMSM can be found for two
slice plots in the xz and xy plane. The same slice plots can be found in the top row for the results of
the FEA, as was already displayed in Figure 5.5.

Figure 5.7: Potential field around tug and debris obtained from FEA (top row) and MSM (bottom row).

In this figure, the difference between a sphere representation and panels as in the FEA can be noticed.
The latter has sharp edges, while the SMSM field decayes more smoothly near the boundary of the
debris. At a distance from the bodies, both fields ’smooth’ out, as they would when resulting from a
point source. As the charge on the bodies resides on the surface, the inner volume of both bodies is
manually given the maximum value found on its surface, as to maintain a clear visualization.



5.7. Multi-axis Tumbling 43

In order to compare the potential field obtained from the FEA and that of the MSM, the same data points
have to be used. As the MSM data is contained within a uniform grid, it allows for quick interpolation.
Using the Matlab built in function interp2, a two dimensional interpolation can be performed50. The
interpolated potential field can be found in the bottom left of Figures 5.8 and 5.9. The difference
between the interpolated MSM and the FEA potential field can be found in the bottom right of the
figures. It should be noted that some outliers are filtered out in order to obtain a clear visualization.
The 95th percentile of the data is shown, such that most of the data is still present and valid conclusions
can be drawn.

-5
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Figure 5.8: Potential field in the xy-plane obtained from FEA as well as MSM are displayed on the top row. In the bottom row,
the MSM data interpolated at the same points as the FEA and the error between the two methods at these points.

Figure 5.9: Potential field in the xz-plane obtained from FEA as well as MSM are displayed on the top row. In the bottom row,
the MSM data interpolated at the same points as the FEA and the error between the two methods at these points.

Some observations can be made based on these figures. First of all the potential difference is largest
at the surface of the bodies, as this is where the charge is residing in the FEA model, whereas the
MSM model introduces the charge at the center of the spheres in a step-wise distribution. Secondly, in
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the region where the potential field is near-zero (−5 < 𝑥 < 0), the error is larger, as a small absolute
deviation results in a large percent error. As the potential measurements are taken at 𝑥 = −10, the
field error should be minimal at these locations. From the figures, it can be seen that the potential field
here is indeed comparable.

Taking this model as the new ’truth model’, a multi-axis rotation can be performed. An initial debris
orientation is taken as depicted in Figures 5.2 and 5.3, i.e. with the panels perpendicular to the
separation direction between the bodies. A rotation with the Euler angle rates �̇�, �̇� and �̇�, as described
in Section 3.4, is then performed. As input for the numerical simulation, the following angular rates
are applied such that a full revolution back to the original debris orientation is performed:

Ψ̇ = 4Φ̇, Θ̇ = 2Φ̇

Over a full rotation, with probe locations as given in Table 5.1, the potential measurements are obtained
and displayed in the left-hand side of Figure 5.10. The Coulomb force between the bodies corresponding
to this rotation can be found in the right hand-side of the figure.

Figure 5.10: Probe potential and force curves obtained from the SMSM simulation.

Whereas the FEA results showed noise in the force curve as well as a non-continuous 𝐹፲ curve, the
SMSM results provide a smooth and continuous curve. Comparing the curves with that of the FEA
displayed in Figure 5.4, a comparable magnitude in both force and potential signal can be seen. In
the force curves, some sections seem almost constant, but in fact these parts are still varying (as can
be seen in the corresponding potential signals), but due to the geometry of the debris this variation is
marginal.
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Numerical Simulation and Results

This chapter describes the performance of the Remote Sensing for Electrostatic Characterization (RSEC)
method based on numerical simulations. Firstly, by applying the method on a Multi-Sphere Method
(MSM) truth model, the force error resulting from the method is tested against a variation of spheres,
their location and separation distance. Secondly, the method is applied for the two models described
in the previous chapter; the Finite Element Analysis (FEA) and the multi-axis tumbling Surface Multi-
Sphere Method (SMSM) model. Based on the validation data of the FEA, the optimal number of repre-
sentative MSM spheres is found. Furthermore, the force error with respect to the FEA data is used to
determine the variation in reorbiting time and fuel cost for a representative mission scenario.

6.1. Performance Sweep based on MSM Truth Model
With use of a truth model consisting of MSM spheres, the performance of the developed RSEC method
is tested for a variation of parameters. The benefit of using a MSM truth model, is that many different
debris geometries can be evaluated quickly. In order to do so, the debris population is randomly varied
between 5 and 15 spheres, their locations between −10 and 10 meter in x,y and z direction and the
radii are bounded between 0 and 1 meter. The analysis is performed 50 times, and for each simulation
run, the maximal and mean force error of the best-fit model is displayed in Figure 6.1. Note that within
the RSEC application the three methods described in Table 4.1 have been applied. Furthermore, the
tug consists of three spheres and the debris is rotating with �̇�= 3�̇� and �̇�= 2�̇�.

Figure 6.1: Mean and maximum force error in x-direction for a variation of debris sphere locations and number.

45
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From this figure, it can be concluded that all three methods are able to accurately predict the force
obtained from the truth MSM model. Except for a few outliers, the mean error lies mostly within a
percent margin.

6.2. COMSOL Results
In Chapter 5, a description is given of the Comsol model that is used to validate the constructed RSEC
method. The data obtained from the parameter sweep simulation can be used as input, as to find the
best fitting sphere model that corresponds with this tug-debris system. In order to find this result,
methods 1 and 2 are applied, as described in Chapter 4. As has been indicated, the tug potential and
radius of the FEA is not the same as that of the equivalent MSM model. Therefore the radius of the
tug has to be adapted from 3 to 2.9 meters, while the potential is changed from 30 kilovolt to 29.5. By
applying the RSEC method, the following measured potential is obtained.

Figure 6.2: Resulting potential curves and error with respect to the FEA simulation data.

Figure 6.2 shows that both methods are capable of matching the potential obtained from FEA and RSEC
to very high accuracy. The resulting force curves due to the best-fit sphere model, can be found in
Figure 6.3. As the force in x-direction is of most importance, the error curve has been plotted separately

Figure 6.3: Resulting force curves and error with respect to the FEA simulation data.

Even though the resulting MSM model is not able to catch the 𝐹፲ and 𝐹፳ forces accurately, the influence
is due to their low magnitude marginal. The most important parameter 𝐹፱ is however been resembled
within a good error margin. In both Figures 6.2 and 6.3, a clear sine wave can be observed. The origin
of this wave can be attributed to the inherent nature of the solver to place spheres at the locations
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where their influence is largest, i.e. on the ends of the panels, as is discussed in Section 4.2. In Figures
6.4 and 6.5, the location of the spheres due to both solving methods is displayed.

Figure 6.4: Resulting sphere placement for method 1 given a debris sphere population of 6.

Figure 6.5: Resulting sphere placement for method 2 given a debris sphere population of 6.

Especially for the first solving method, the separation between spheres is quite distinct. As spheres are
mainly located near the places of most influence, the times where the influence is less, the error grows.
The biggest errors can therefore be expected around 90 and 270 degrees, exactly where 𝐹፲ is largest,
which also explains the 𝐹፲ error peaks in the third row of Figure 6.3. From the 𝐹፱ error curve, it can
also be noticed that the error is not centered around 0%. As the input tug radius and potential is an
approximation, the total force curve is scaled, in the same way the potential was scaled in Figure 3.3.
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Therefore, better calibration of the tug characteristics will result in better force prediction performance,
while keeping the potential prediction the same. An example for this will be given in the discussion
of the SMSM results. It is of interest however, to note that mis-predicting the tug characteristics can
be beneficial to the Electrostatic Tractor (ET) application. As will be discussed later in this chapter,
over-prediction is preferred over under-prediction as the latter can cause a collision between tug and
debris. For this reason, a forced mis-prediction of the tug characteristics might prove useful. Further
investigation in the effect of this mis-prediction is however required.

6.2.1. Performance sweep
Now the model has proven to provide an accurate force prediction, it is of interest to see how the
results vary over different input parameters. One of the most influencing parameters is the size of the
sphere population used to represent the debris. If a single sphere is already capable of providing the
same accuracy, there is no need to add a multiple. The mean and maximum absolute force error have
been displayed against a varying population size in Figure 6.6. Furthermore, the data is divided in the
two optimization methods.

Figure 6.6: Variation of sphere population representing
the debris versus mean and maximum absolute force error
in x-direction.

Figure 6.7: Mean and maximum error in force prediction over a
full rotation, based on two methods where only a part of the full
signal length is applied.

A clear conclusion can be drawn from this figure. For a small sphere population, the error grows almost
exponentially, while there is almost no reduction in error by using more than 5 spheres. Even more so,
from planar simulations performed by Engwerda et al. it was concluded that a very large population
will add in error23. The tail in Figure 6.6 also seems to indicate this result. It is of interest to see how
this result fits in with previous work on sphere population optimization, where it was found that for a
known geometry the best solution comes from many uniformly placed spheres with constant radius3.

A second performance sweep is applied for the case where not a full signal is available. Ranging from
only 20% of a full revolution, i.e. 72 degrees, to a full revolution, the mean and maximum error in
the predicted force is evaluated for both method 1 and 2. The results are displayed in Figure 6.7. The
results show that for a simple rotation about one axis, not the full signal is required to establish an
accurate MSM model. However, for more complex geometries and rotations, the results are expected
to decrease more rapidly with a larger limitation to the observed signal. Performing these simulations
is part of the recommendations of this thesis however.

6.2.2. Resolving Rotation Rates
As the model evaluated with the FEA consists of debris rotating about a single axis, it opens up the
possibility to deduce the rotation rate from the potential measurements instead of relying on additional
Light Detection and Ranging (LiDAR) observations. By performing a Discrete Fourier Transform (DFT)
of the potential measurements, the rotation frequency can be found. In order to do this, measurements
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over multiple full revolutions of the debris are required. A quick method to find the DFT is by means of
Matlab’s built in FFT function51. This function translates the input signal in the time domain to its Fourier
transform in the frequency domain. In order to demonstrate this feature, the potential measurements
obtained from the FEA simulation are sampled such that two full revolutions are present in the signal.
Assuming a rotation rate of 10 degrees per second, the signal given in the left-hand side of Figure 6.8
is obtained.

FFT

Figure 6.8: Application of DFT to the normalized potential measurements obtained from the FEA simulation for two full rotations
at ኻኺ degrees per second.

In the right-hand side of this figure, the DFT can be found. Neglecting the zero-frequency peak, the
first peak in the frequency domain corresponds to the debris rotation rate. This peak can be found at
a frequency of 0.0278 Hz, which indeed translates to 10 degrees per second.

Even though the correct result is obtained for this case, most other mission scenarios will introduce
problems to this method. For sampling rates of only a few full revolutions, the estimated frequency
can differ largely from the truth. If for instance 2.5 full revolutions are sampled in 72 seconds, the
resulting rotation rate will be 10 deg/s, instead of 12.5 deg/s. This error is reduced by evaluating many
full rotations, but this introduces its own error. Tumbling rates of debris are in general not constant
and even less when the ET is changing the kinetic energy of the debris. Therefore the potential
measurements will significantly differ over multiple full rotations.

A second issue complicating the application of the DFT is the geometrical properties of the system.
Consider the debris geometry discussed so far, but with both panels the same length. During one
full revolution of the debris, a probe will now register a peak potential twice, instead of a single peak
and a lower value 180 degrees later. Even more so, for complex shapes and multi-axis rotations, the
distribution of charge can cause probes to register peaks at different moments, not related to each
other. In order to avoid measuring the effects of local charge phenomena, probes should therefore be
placed close to each other. Aside from the technical issues this gives rise to, even then not all rotation
rates can be solved for. In conclusion, application of LiDAR to find the rotation rates is more robust
and viable option.

6.3. SMSM Results
Based on the potential signals obtained in the SMSM numerical simulation, the RSECmethod is tested for
a rotation about all body axis. The tug SMSM model consisting of 30 spheres is taken as input assuming
this distribution can be obtained from calibration in a applicable mission scenario. Furthermore, the
potential of the tug is fixed at 30 kV, the separation distance 𝑟sep at 30 meter, the debris population
at 6 spheres and the orientation of this body is assumed to be known from LiDAR measurements. In
order to increase optimization performance, the spheres on the debris are constraint according to the
conditions described in Section 4.3. By applying the same two optimization methods as for the FEA, i.e.
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the two step optimization (Method 1) and optimization from random input (method 2), the potential
signals are matched as displayed in Figure 6.9.

Truth Solution Error

Figure 6.9: Comparison of probe potential between RSEC and FEA over a full revolution of the debris.

In this figure, the top row shows (from left to right) the truth SMSM signals, the optimized equivalent
and the error between the two for method 1. The bottom row shows the same curves for the method
2. From this figure, it can be concluded that both methods perform comparably well and are able to
find a optimal sphere distribution that resembles the potential field within percent error. No distinct
outliers can be found in the error curve, indicating the solver is well able to fit spheres to match the
global potential field.

The performance of the RSEC method, should be evaluated based on the ability to match the Coulomb
force and therefore the electrostatic behavior of the debris. The optimized force curves corresponding
to potential signals described previously, can be found in Figure 6.10.

Figure 6.10: Comparison of force between RSEC and FEA over a full revolution of the debris.

Again, the results from method 1 are displayed in the top row, while the bottom row applies to method
2. The left-most plots shows the force curves obtained from the SMSM simulation, while the plots
adjacent show the force curves resulting from the optimized sphere distribution. The plots in the third
column shows the force error for all three Cartesian axis displayed in Figure 5.6. As the most important
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force for application of the ET is the 𝐹፱ force, and the other two force components are negligible, the
error in 𝐹፱ is additionally displayed in the right-most plot. Due to the 𝐹፲ and 𝐹፳ force components
attaining zero, or near-zero, values for distinct debris orientations, the percent error is very large. As
the 𝐹፱ force component is always non-zero for two charged objects, the right-hand side error plot is of
more interest. From this plot, it can be concluded that both methods are performing very well, with less
than percent error. As the results from the optimization based on FEA data provided clear conclusions
on which geometrical features of the debris introduced the largest error, the results discussed in this
section are harder to interpret. Comparing the error curve with the truth signal, it can be seen that
for both methods a peak occurs for the debris orientation introducing the largest absolute force in x-
direction. Furthermore, whereas the results from the FEA optimization showed a clear over-prediction
of the force due to faulty tug calibration, the implementation of the tug SMSM in this case does not
lead to specific under or over-prediction of the force. This also indicates that the results described
in Section 6.2 can be improved considerably when performing correct tug calibration and even higher
fidelity FEA simulations.

The optimized sphere locations corresponding to the results described previously are displayed in Fig-
ures 6.11 through 6.13, where the first two figures display the locations found from method 1, and
the third figure those from method 2. For each of the figures, an orthographic view of the two body
system is given, above which the xy and xz planes are displayed for a better overview. Furthermore,
the Center of Rotation (CoR) is indicated in these figures, where the tug is colored brown, the probes
yellow and the debris in blue.

Figure 6.11: Optimized sphere locations obtained for unit debris radius and potential, where the population is 6. These spheres
are used as input to obtain the results from method 1.

In Figure 6.11, the optimized sphere distribution is shown for the first step of method 1. The optimiza-
tion is performed for unit sphere radii and unit potentials. These resulting sphere locations are used
as input to the initial state vector for optimization performed in the second step of method 1. It is of
interest to see, that without significant contribution of sphere radii and potentials, the solver is already
able to place the spheres at locations on the debris that are close to the optimal ones found in the
second step. These final locations can be found in Figure 6.12.
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Figure 6.12: Optimized sphere locations obtained from method 1 for a debris population of 6.

From Figure 6.12, it can be concluded that as for the FEA results, the spheres are located at the far ends
of the debris. As for single-axis rotation, these elaborate tumbling motions cause the largest charge
transfer to take place at the far ends. This causes the shape of the potential signals to be influenced
most by these parts of the debris and therefore causes also the optimizer to place spheres at these
locations. Furthermore, the sphere radii are mostly comparable, while for the given geometry, a large
sphere in the center body and multiple smaller spheres on the panels could be expected.

Starting from a complete random distribution, such as in method 2, the optimized sphere distribution
is comparable to that of method 1. The results of this method can be found in Figure 6.13.

Figure 6.13: Optimized sphere locations obtaind from method 2 for a debris population of 6.
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A relatively homogeneous distribution of spheres over the debris can be found in Figure 6.13, but also
largely comparable to the results found for method 1 and those of the FEA simulation. Three spheres
with large radii are spread over the body, while three smaller spheres act as adjustments as to improve
the similarity of the potential field due to the spheres with that of the truth model. The limited effect of
these additional spheres emphasizes the results found in the parameter sweep; increasing the debris
sphere population is not a guarantee for better performance.

6.3.1. Variation of Rotation Rates
In order to validate the general applicability of the RSEC method for other tumbling orientations, as
well as to show that for multiple simulations the method provides the required accuracy, a variation of
rotation rates is simulated. For each of the simulations, a full revolution performed as to end up at the
initial position of the debris. The rotation rates are normalized, such that a value of 1 corresponds to
a single full revolution within the simulation time. Furthermore, the error is force prediction is given a
the mean and maximum value of the data. In order to obtain these figures, the absolute value of the
error has been used. Therefore the displayed results can either be due to over, or under-prediction.
An overview of the results can be found in Table 6.1.

Table 6.1: Overview of error in Coulomb force prediction for a variation of normalized rotation rates, obtained from the two
solving methods.

Rotation Rates Method 1 Method 2

Φ̇ Θ̇ Ψ̇ Mean 𝐹፱ Error Max 𝐹፱ Error Mean 𝐹፱ Error Max 𝐹፱ Error
[-] [-] [-] [%] [%] [%] [%]

4 2 1 0.22 1.25 0.43 1.68

4 2 1 0.26 1.47 0.26 0.98

4 1 2 0.45 2.26 3.44 8.76

4 1 2 0.35 1.48 3.89 12.76

2 1 4 0.89 3.92 1.03 2.12

2 1 4 3.22 8.94 0.55 2.31

2 1 2 0.21 0.96 1.40 2.95

2 1 2 0.34 1.12 0.16 0.76

1 1 1 0.19 0.47 0.20 0.48

1 1 1 0.37 0.85 1.47 2.37

Analyzing the results in this table, it can be concluded that for most rotation rates, the mean error of
force prediction is within percent error, such as shown in Figure 6.10. Some outliers exist however, for
instance for the rotation rates described in the third and fourth row of the results. For this simulation
however, the first method does provide an accurate result. The same behavior is found in the fifth and
sixth row, but now the second method proves more reliable. Therefore it can be concluded that it is
wise to either perform multiple RSEC optimization runs for a specific measured potential over time, or
to apply both methods and use the best fitting results.

6.4. Mass Budget
So far, the metric for model performance has been the error in force prediction. In order to study
the performance of the model when implemented for an actual mission scenario, this metric can be
related to fuel cost and reorbiting time by implementing the control law proposed by by Hogan and
Schaub 5. As this control law describes the relative motion between the bodies in the application of
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the ET, while introducing a charge-estimation error, this control-law can be exploited to test the RSEC
model performance. The control law describes the relative motion between tug and debris in the Local
Vertical Local Horizontal (LVLH) and spherical reference frame 𝒮. An initial separation distance 𝐿 and
angles Θ and Φ describe the geometry of the two bodies, as can be found in Figure 6.14.

assumed to not change the orbit plane of the deputy because only the
SMA is being changed. Thus, the orbit normal direction ôh is
inertially fixed, and the orbit angular velocity is written as

ωH∕N � n�t�ôh (18)

Note that the tug can maneuver relative to the deputy a general way.
Thus, if charge control is turned on during general three-dimensional
relative motion, then small deputy orbit-plane changes are possible.
However, these variations are ignorable because the nominal
configuration has the tug accelerating the deputy in the positive
along-track direction. This configuration provides the most efficient
means to increase the semimajor axis of the deputy, and thus raise its
orbit altitude.Taking the inertial derivative of Eq. (16) yields

�ρ � ρ 0 0 � 2ωH∕N × ρ 0 � _ωH∕N × ρ� ωH∕N × �ωH∕N × ρ� (19)

For the CWH equations where the chief motion is circular the orbital
angular acceleration _ωH∕N is set to zero and dropped from this
expression. For optimal SMA corrections the along-track
acceleration aθ of the deputy is given by

aθ �
Fc
md

(20)

The orbit angular acceleration is then approximated as

_n � aθ
rd

(21)

Knowing the actual along-track acceleration aθ it would be possible
to include this term. In practice, determining this orbital acceleration
term is nontrivial because the tug-deputy system is not aligned with
the along-track direction at all times. Further, the orbital acceleration
requires knowledge of the exact electrostatic force between the two
bodies. This can be very challenging to obtain in practice. However,
as the following analysis shows, this acceleration is a very small term
that can be neglected for the purpose of modeling the slowly
accelerating relative-motion dynamics. Thus, the question is for
what electrostatic force levels F�c will _n ≈ n2. Using Eqs. (20) and
(21) we find

F�c
mdrd

� _n ≈ n2 ⇒ F�c � n2mdrd (22)

Assuming a deputy craft with the mass md � 2000 kg, and the
geostationary orbit radius of about rd � 42; 000 km, we obtain
n � 7.335 · 10−5 rad∕s andn2 � 5.3801 · 10−9 rad∕s. This leads to
a critical acceleration force of F�c � 451.9 N. Because the
electrostatic forces are expected to be in the milliNewton range the
actual Fc are about five orders of magnitude smaller than this critical
acceleration force.
Alternately, consider the evaluation of Eq. (21) with the

aforementioned md � 2000 kg and rd � 42; 000 km along with a
thrust level of Fc � 1 mN. Here, _n � 1.2 × 10−14 rad∕s2, which is
of order n3. This justifies neglecting the difficult to measure _ωH∕N in
Eq. (19) resulting in the simplified relative-motion acceleration
expression

�ρ � ρ 0 0 � 2n�t�ôh × ρ 0 � n�t�2ôh × �ôh × ρ� (23)

using Eq. (18). Note that the orbit rate n�t� will decrease by about
1.1% as the deputy is reorbited from geosynchronous earth orbit
(GEO) to a 300 km larger super-synchronous orbit. Because the
slowly varying orbit rate is easy to measure it is kept as a time-
dependent parameter in our relative EOM.
Next, let us refine thevectorEOM inEq. (15), which do not depend

on a particular coordinate system, into the equivalent matrix form
which provides the ordinary differential equations for the Hill-frame
coordinates �x; y; z�. Assuming ρ is much smaller than rT the
differential gravity term is reduced to a linear form [12]. After
linearizing the �ρ term a modified version of the classical CWH
equations are obtained:

�x − 2n�t� _y − 3n2�t�x � ux (24a)

�y� 2n�t� _x � uy (24b)

�z� n2�t�z � uz (24c)

Note that the constant mean orbit rate n of the CWH equations is
replacedwith the osculating n�t� orbit-rate expression. The Coulomb
forcing and inertial thrusting influence on the relative deputy motion
with respect to the tug is embedded within the control acceleration u
expressions.

C. Relative Spherical EOM

The Cartesian form of the CWH equations are not very convenient
for the relative-motion control development in that the rectilinear
�x; y; z� coordinates couple both information regarding the sep-
aration distance as well as the relative orientation. Instead, a set of
spherical relative-position coordinates �L; θ;ϕ� are employed where
L is the center-to-center separation distance of the tug and deputy, θ is
the inplane rotation angle, and ϕ is the out-of-plane rotation angle.
The spherical coordinate frame S∶ fŝL; ŝθ; ŝϕg is illustrated in
Fig. 2.
The relative orientation angles θ and ϕ are a 3-2 Euler angle

sequence with respect to the Hill frame H. Carrying out the matrix
multiplication leads to the DCM mapping from the Hill to the
spherical frame:

�SH� �

2
4cos�ϕ�t�� sin�θ�t�� −cos�θ�t��cos�ϕ�t�� −sin�ϕ�t��

cos�θ�t�� sin�θ�t�� 0

sin�θ�t�� sin�ϕ�t�� −cos�θ�t�� sin�ϕ�t�� cos�ϕ�t��

3
5

(25)

The S and H position coordinates are related through:

L �
���������������������������
x2 � y2 � z2

q
(26a)

θ � arctan

�
x

−y

�
(26b)

ϕ � arcsin

�
−z
L

�
(26c)

and

2
4 xy
z

3
5 � �SH�T

2
4L0
0

3
5 �

2
4 L sin θ cos ϕ
−L cos θ cos ϕ

−L sin ϕ

3
5 (27)

To obtain the relative motion-rate relationships, Eq. (27) is
differentiated with respect to time, yielding

Fig. 2 Illustration of the Spherical S Coordinate Frame.
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Figure 6.14: Graphical representation of the LVLH and Spherical coordinate frame 𝒮, as obtained from Hogan and Schaub 5.

The control law describes the required control acceleration such that a state vector X = [𝐿, Θ,Φ]ፓ is
forced to some reference value Xref. As the most efficient orbit raising maneuver takes place in-plane,
this state vector is most likely in the form of Xref = [𝐿, 0, 0]ፓ. The control acceleration consists of two
parts; the inter-body Coulomb force, as well as the thrust applied by the tug’s propulsive system. The
magnitude of these two forces is largely influenced by the separation between the two bodies. As this
distance decreases, the Coulomb force increases and therefore also the required thrust settings on
the tug and vice versa. Now consider a under-prediction of the Coulomb force in the model. Hogan
and Schaub describes that in such a case the acceleration of the debris towards the tug can be larger
than the maneuver of the tug itself, introducing collision probability. For the opposite case, the tug
can find itself losing ’contact’ with the debris. Furthermore, as the thrust settings go down for larger
separations, the reorbit time takes longer.

This introduces a new metric to test the RSEC performance. Based on the force error and thus charge
prediction, a mass and time budget can be evaluated based on a mission scenario. Introducing the
force and representative error portrayed in this report to the control law, the time to reorbit and fuel
cost can be determined. As the Coulomb force depends on separation distance, the SMSM introduced
in Section 5.7 is used to find the force for each distance 𝐿=𝑟sep. The debris model is assumed in a
detumbled state, such that the panels are perpendicular to 𝐿, i.e. as displayed in Figures 5.2 and 5.3.
Choosing a reference state vector Xref = [20, 0, 0]ፓ, mass of the tug of 1000 kg and all other parameters
as in5, the evolution of spherical coordinates is obtained as depicted in Figure 6.15.

Figure 6.15: Evolution of spherical coordinates during the first 0.6 days of the maneuver for several levels of force mis-prediction
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In this figure, several levels of force mis-prediction have been evaluated. These levels are chose
according to the results found in the previous chapter. Furthermore, an under-prediction of 10%
causes a collision between the two bodies and is therefore left out. From the figure, it can be seen
that after a settling time of 0.1 days, as selected in the control algorithm, the spherical angles reach
their reference state. It can be clearly seen, that different force estimates in the controller result in
varying equilibrium separation distances. Furthermore, the thrust magnitude settles at a value of 4−6
mN depending on the estimation error, as can be seen in Figure 6.16.

Figure 6.16: Evolution of thrust magnitude during the first
0.6 days of the maneuver for several levels of force mis-
prediction.

Figure 6.17: Change in semi-major axis over time for several
levels of force mis-prediction.

In order to find the difference in reorbiting time and fuel cost for various levels of force mis-prediction,
an orbit propagator is used. The orbit is propagated after the settling conditions have been reached,
i.e. after 0.2 days. From this point onwards, it is assumed that the thrust is constant and the change
in fuel mass has a negligible effect on reorbiting time. Furthermore, the maneuver takes place in one
plane and starts at Geostationary Orbit (GEO) altitude.

The orbit propagator used is based on the explicit Runge-Kutta method incorporated in the Matlab
function ODE4552. This function requires an initial state vector Xኺ = [𝑎, 𝑢, 𝑣]ፓኺ where the semi-major
axis is given by 𝑎, the radial velocity by 𝑢 and the tangential velocity of the tug-debris system by 𝑣.
The state vector is propagated based on the derivatives of each entry according to the Runge-Kutta
scheme. These derivatives can be found in Equations 6.1a through 6.1c.

𝑑𝑎 = 𝑢 (6.1a)

𝑑𝑢 = 𝑣ኼ
𝑎 − 𝜇ኺ𝑎ኼ +

𝑇
𝑚t +𝑚d

(6.1b)

𝑑𝑣 = 𝑢𝑣
𝑎 + 𝑇

𝑚t +𝑚d
(6.1c)

In these equations, 𝜇ኺ represents the standard gravitational of the Earth and𝑚t and𝑚d the mass of the
tug and debris respectively. Again, a planar motion is described with constant mass and thrust along the
trajectory. Propagating the orbit of the tug-debris system for each of the distinct force mis-prediction
cases yields the raise in semi-major axis displayed in Figure 6.17. From this figure, it can be deduced
that a significant time-increase (20 days) for the maneuver results from a 10% over-prediction. The
fuel spend during this maneuver can be found with Equations 6.2a and 6.2b.

�̇� = 𝑇
𝐼sp𝑔ኺ

(6.2a)

𝑚f = �̇�Δ𝑡 (6.2b)
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In these equations, the thrust magnitude is given by 𝑇, the specific impulse by 𝐼sp, the standard
acceleration due to gravity by 𝑔ኺ and time to reorbit by 𝑡. An overview of all these values for the
corresponding mis-predictions can be found in Table 6.2.

Table 6.2: Overview of thrust settings, time and fuel consumption for a variation of force mis-prediction levels.

Error [%] T [mN] �̇� [mg/s] t [days] 𝑚f [kg]
10 (op) 3.93 0.134 95.98 1.11

5 (op) 4.39 0.149 85.92 1.11

1 (op) 4.83 0.164 78.57 1.11

0 4.95 0.168 76.70 1.11

1 (up) 5.07 0.172 74.79 1.11

5 (up) 5.63 0.191 67.15 1.11

𝐼sp = 3000 s, 𝑚t=1000 kg, 𝑚d=2000 kg
op = over-prediction, up = under-prediction

As a constant thrust is applied, and a constant mass of the system assumed, the fuel spend during
the maneuver is equal for each of the scenarios. In a real application scenario of the ET however,
amongst others gravity losses, aerodynamic drag and attitude control thrusting increase the fuel cost
over time. The most fuel efficient maneuver is therefore one with the short transfer time, preferably
with an impulsive shot instead of continuous thrusting. For the application of the ET such a continuous
thrust is required however. Furthermore, a safe distance should be kept from the debris, putting a
lower bound on the time that is spend to reorbit the body.

Now that the fuel cost can be evaluated based on force mis-prediction levels, the results obtained from
the RSEC method can be put to the test. From the numerical validation with FEA data, a mean force
mis-prediction of 6.8% is obtained for a number of 7 spheres on the debris (see Figure 6.6). As it is
uncertain whether this value is an over or under-prediction, both cases are evaluated. The results can
be found in Table 6.3.

Table 6.3: Overview of thrust settings, time and fuel consumption for force mis-prediction levels found from FEA validation.

Error [%] T [mN] �̇� [mg/s] t [days] 𝑚f [kg]
0 4.95 0.168 76.70 1.1138

6.8 (op) 4.22 0.143 89.73 1.1113

6.8 (up) 5.92 0.201 63.93 1.1114

𝐼sp = 3000 s, 𝑚t=1000 kg, 𝑚d=2000 kg
op = over-prediction, up = under-prediction

Based on this data, it can be concluded that an expected force mis-prediction will cause a uncertainty
in reorbiting time of around 13 days. On a scale of 76 days, this is an acceptable deviation, taking into
account the low computational cost of the RSEC method.



7
Conclusions and Recommendations

This thesis addresses a method which can be used to characterize the electrostatic behavior of space
debris, or other charged objects in space. Focusing specifically at the Electrostatic Tractor (ET), the
Coulomb force between debris and a dedicated spacecraft (tug) can be estimated by applying this
Remote Sensing for Electrostatic Characterization (RSEC) method. In order to reorbit debris with the
ET and ensure a collision-less application, the debris has to be characterized in real-time. In order to do
so, potential measurements are performed over a full (tumbling) rotation of the debris. It is assumed
that the rotational rate, as well as separation distance, are known from measurements with techniques
such as Light Detection and Ranging (LiDAR). From a reference Multi-Sphere Method (MSM) model, a
potential curve is obtained which can be compared with the measured ’truth’ potential. By matching
these two potential curves, a best-fit MSM model is found. Using this model, the Coulomb force in the
system can be obtained, which is the most important metric for the ET. In order to test the accuracy of
the RSEC method, numerical simulations are performed. By performing a Finite Element Analysis (FEA)
simulation of debris rotating about a single axis, a truth-model is constructed. Based on this model, a
Surface Multi-Sphere Method (SMSM) model is also constructed, allowing for rotations about multiple
axis, while keeping computational costs manageable. By comparing the Coulomb force obtained from
the RSEC method with the two numerical simulations, the accuracy and performance of the method is
tested. Based on this work, some conclusions and recommendations can be made.

7.1. Conclusions
The core of the RSEC method is that measured potential signals are compared with the potential
curves resulting from the MSM model, such that an optimization can be performed on this model.
The parameters that have to be optimized, are the sphere locations and radii, as well as the debris
potential. From analysis, it is found that normalizing the potential signals, allows for decoupling of the
sphere radii and potential. The result of this, is that optimization can be broken down in two stages;
an initial optimization for only sphere locations and a second optimization including the debris radii
and potential. Furthermore, it is shown that normalization of potential measurements reduces the
influence of the coupled capacitance between spheres on the debris when optimizing. It is shown that
the sum of single-sphere debris models approximates a single model of multiple spheres on the debris
reasonably well. For some debris and tug geometries, the implication of decoupling parameters, is that
(semi)-analytical solutions can be found, or the model broken down in simpler parts. This can prove to
be beneficial for computational cost when applied in satellites, which in general have limited computing
power.

In order to obtain the best results from optimization in the RSEC method, several cost functions, bound-
ary conditions and optimizing functions and methods have been evaluated. Based on computational
cost and applicability, the gradient based solver fmincon within Matlab is used. It is applied for two
different methods, where the first is a two-step optimization and the second a single-step optimization.
For the first method, an initial optimization is performed to find sphere locations based on unit radii
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and potential. Using these locations as initial input, a second optimization is performed to find the
best-fitting MSM model as well as debris potential. The second method assumes a random distribution
of spheres and radii, as well as potential, and optimizes with those parameters as input. These two
methods are chosen as to show robustness and to demonstrate the decoupling accuracy. Robustness
is provided by performing optimization from random input, such that the least amount of assumptions
is required for a well functioning RSEC method. By analyzing the results of the optimizer, it is found
that spheres are predominantly placed at locations where charge moves around a lot; i.e. at the edge
and far ends of bodies. The result of this behavior is that the potential field internal to bodies is not
well matched, while external behavior is estimated very well. As the Coulomb force between the bodies
should be estimated accurately, accuracy in external behavior is preferred.

The RSEC method is put to test using a FEA simulation. A debris model consisting of a block and two
plates and a tug represented by a sphere is constructed. For such a relatively simple model, the amount
of cells that have to be evaluated is already large. In order to obtain data within a day, the calculations
are performed on a cluster from TU Delft. Even for such a high-fidelity simulation, discrepancies can
be found in the data. In order to model more complex rotations than the single axis rotation applied
in the FEA, a SMSM model is constructed. By matching the charge on the bodies in this model with
that found from the FEA results, a comparable model is created. Performing a simulation with this
model required significantly less time; minutes instead of a full day. By evaluating the potential fields
obtained from both FEA and SMSM, it can be concluded that the discrepancy between the two is fairly
small. The largest errors are found at the surface of the bodies and near the zero-potential contour,
although the error in the latter is small in absolute measures. The error at the surface is expected, as
it is a result of the inherent difference between both methods; continuous charge distribution and one
contained in spheres.

By applying the RSEC method to the data obtained from both FEA and SMSM, best-fit MSM models
are obtained. As expected from the analysis performed for the optimizing function, the spheres are
predominantly located at the edge of the debris; i.e. at the far end of the panels. Furthermore,
both method 1 and method 2 seem to provide comparable results. For the FEA data, the best results
are obtained for a sphere population of 6 on the debris. Fewer spheres will increase the error, while
many more will not contribute to the solution. Both methods show a mean error in force of below
10%. An offset of the error could be found due to an error in tug calibration. The result of this, is
an over-prediction in force, which is preferred over under-prediction, as the latter can cause collisions.
Further analysis has to be performed however to check for consistency of over-prediction. Application
of the RSEC method to the SMSM data shows enhanced performance with respect to that of the FEA
simulation. Force predictions around percent error can be expected, showing the strength of the
method.

Translating the force mis-prediction to fuel and reorbiting cost, a control law is implemented. For a
mission scenario where a 1000 kg tug has to reorbit a 2000 kg debris from Geostationary Orbit (GEO)
to a graveyard orbit 300 km higher, it can be found that a percent error will only increase the reorbit
time by 2 days. Applying the results from the FEA analysis however, a 10% mis-prediction in Coulomb
force, leads to almost 20 days of increased mission time cost. Considering the nominal time to reorbit
of 77 days, this is still a fine result.

Stating the conclusion of this work into one paragraph, it can be said that the RSEC method shows
a promising method to estimate the electrostatic behavior of debris in a real-time manner. Applying
measured potential over a full rotation, the RSEC method is able to find a best-fit MSM model in
the matter of tens of minutes. After finding this model, the method is able to predict within 10%
accuracy the Coulomb force in a manner of minutes to even seconds, whereas conventional methods
such as FEA simulations takes days to find the electrostatic characteristics of charged body. Linking
these findings back to the research objectives, it can therefore be concluded that the method has real-
time applicability, is characterized by accuracies higher than simple two-sphere models and allows for
evaluation of full spatial geometries and multi-axis tumbling of the debris.
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Although a lot of effort has been spent on verifying the RSEC method for as many scenarios as possi-
ble, there are still some interesting simulations to perform. Highly irregular shapes such as asteroids
and complex tumbling motions, or very marginal rotations that show almost no variation in signal,
might constrain the accuracy of the method. Furthermore, in a real-time application, measurements of
potential, rotation rates and separation distance will introduce noise to the system. Performing param-
eter variations can provide more understanding of the influence these parameters have on the RSEC
accuracy.

Even higher-fidelity FEA simulations will help to improve the validity of the RSEC method. In stead of
simulations, even experiments can be performed, such as described in Stevenson and Schaub 42. Vali-
dating the method with experiments, can lift the Technical Readiness Level. Furthermore, it introduces
measurement errors, such that the robustness of the method can be tested. In order to conduct exper-
iments, probing techniques have to be developed capable of measuring kilovolt potential at distances
from the charged surface. Some possibilities have been described, but it was found that conducting
a proper experiment will take a fair bit of time. This might open up possibilities for other students to
spend their thesis work on.

In terms of extension to the current simulations, not even more complex geometries have to be tested,
but also the physics involved have to be adjusted. This work has neglected the influence of the
ambient plasma, the (varying) space weather, charging effects such as discharges and materials and
surfaces that are not perfectly conducting. In order to model these parameters, the Spacecraft Plasma
Interaction Software (SPIS) could be used53. This software is a common tool to simulate the interaction
of satellites with the local plasma environment in space.

Lastly, the research performed by others in this field can be incorporated. Extending from the Coulomb
force simulations, also the torque can be validated. This can be used to test the detumbling capabilities
of the ET. Furthermore, the research being conducted concerning the SMSM could be used as to create
homogeneous initial sphere populations in order to aid the optimization algorithms. As the RSEC
method has to be developed further, an endless stream of possible features and research questions
can be thought of.
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